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[57] ABSTRACT

A method for detecting damage in the structure in-
cludes a plurality of steps. These steps include determin-
ing first data indicative of pre-damage modal parame-
ters of the structure, determining second data indicative
of post-damage modal parameters of the structure, and
identifying at least one location of the damage based
upon first and second data applied to an indicator func-
tion. The damage detection method is capable of local-
izing damage in the structure, and subsequently estimat-
ing the magnitude of such damage, using limited modal
information.
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APPARATUS AND METHOD FOR DAMAGE
DETECTION

TECHNICAL FIELD OF THE INVENTION

This invention relates in general to structural testing,
and in particular to a method and apparatus for damage
detection.

BACKGROUND OF THE INVENTION

Structures constructed of various materials are criti-
cal in many applications such as large space structures,
oil rig platforms, industrial piers, microwave towers,
marine structures, bridges, buildings, aircraft, space-
craft, turbine hubs and rotors, chemical manufacturing
systems, power poles, and biomedical structures as used
for example in monitoring the strength of bones and
joints. Damage in these structures may cause severe
economic consequences and possibly loss of human life.
Moreover, the design characteristics of a passive or an
active controller depend upon the mechanical proper-
ties of the structure to be controlled. If a change in
mechanical properties occurs at any point in the struc-
ture, a corresponding adjustment should be made in the
control system if the original control objectives are to
be continually satisfied. Therefore, it is desirable to
non-destructively monitor changes in the mechanical
properties of structures. The locations and magnitudes
of changes in mechanical properties may provide the
basis for decisions regarding repairs or future uses of a
structure.

To allow continued use of a tested structure, non-
destructive damage detection (NDD) approaches are
utilized. Many techniques of NDD are currently avail-
able, including but not limited to X-radiography, ultra-
sound, neutron radiography, eddy currents, optical
holography, acoustic holography, and thermography.
These techniques have been incorporated in various
prior art approaches to NDD applied to large scale
structural systems. However, the prior art approaches
have several shortcomings. First, the prior art ap-
proaches are local (spanning at most only a few feet at
a time) rather than global (spanning the entire structure)
in their scope of damage detection. Second, the prior art
approaches require the application of additional theo-
retical analysis (i.e., fracture mechanics or continuum
damage theory) to define and assess identified damage.
Third, they can only be applied to accessible portions of
a structure. Fourth, the prior art approaches are ex-
tremely costly when applied to large scale structural
systems.

Structural damage may be defined as deviations of
geometric or material properties of a structure that may
cause unwanted displacements, distortions or vibrations
in the structure. One such measure of damage is stiffness
loss at one or more locations in a structure. Stiffness loss
may be detected by non-destructive vibration measure-
ment techniques. Vibration techniques may locate flaws
and defects that might otherwise allude other methods
such as ultrasonics or visual inspection. Furthermore,
vibrational techniques may increase the efficiency of
overall inspection by first localizing areas of distress for
more detailed examination by local methods.

For any structure, the natural modes of vibration
depend only upon the mechanical characteristics of the
structure and not upon the excitation. In many in-
stances, the required modal vibration responses can be
obtained by measuring the modal responses at only a
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single point on the structure. Using this method, opera-
tors may be alerted to handle life-threatening structural
conditions or to confirm possible structural damage.

It is established that changes in the modal vibration
response of a structure may reflect deterioration in that
structure. However, there is considerable debate among
practitioners regarding how to interpret the changes in
the modal response to yield information on the location
and magnitude of damage. Practitioners of vibration
measurement have long been aware that decreases in
the vibrational response frequencies of a structure indi-
cate damage to the structure. However, prior art ap-
proaches incorporating vibration measurement tech-
niques fail to accurately relate changes in vibrational
response frequencies to the specific locations and sever-
ity of damage to the structure. Instead, many prior art
approaches only detect the existence of damage in the
structure. Recent approaches incorporating vibration
measurement techniques have successfully related
changes in vibrational response frequencies of a struc-
ture to the specific locations and severity of damage to
the structure. However, even these approaches may be
inaccurate or impractical in many instances, as for ex-
ample when damage is extensive or when complex
structures are analyzed.

Therefore, a need has arisen for an accurate and prac-
tical method and apparatus for damage detection.

SUMMARY OF THE INVENTION

According to one aspect of the invention, a method
for detecting damage in the structure comprises the
following steps. First data indicative of pre-damage
modal parameters of the structure are determined. Sec-
ond, second data indicative of post-damage modal pa-
rameters of the structure are determined. Finally, at
least one location of the damage is identified based on
the first and second data as applied to an indicator func-
tion.

According to a further aspect of the invention, the
first data indicates pre-damage modal parameters of the
structure by measuring a pre-damage vibration fre-
quency response thereof, and the second data are post-
damage modal parameters obtained by measuring the
post-damage vibration frequency response.

According to yet another aspect of the invention, a
further step in the method comprises identifying at least
one location of the damage based upon the first and
second data. Then, a magnitude of the damage at this
identified location can be subsequently ascertained.

According to a still further aspect of the invention, a
stiffness matrix of the structure is generated based on
one or more material and geometric properties of the
structure. A plurality of N X 1 matrices of modal param-
eters are extracted from the pre-damage and post-dam-
age frequency response data. The parameters include
fractional changes in damped eigenvalue frequencies
Z,, fractional changes in modal masses Zm fractional
changes in modal damping ratios Zgamp, and fractional
changes in the room of mode shapes Zmoges, N being
selected as a number of the vibrational modes. Using the
stiffness matrix and the pre-damage frequency response
data, an N X B pre-damage sensitivity matrix Fgis com-
puted which relates changes in the modal parameters to
the stiffness of one or more elements of the structure,
where B is selected as a number of the elements. The
stiffness matrix and post-damage frequency response
data are used to compute an N X B sensitivity change
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matrix AF, which accounts for changes in the sensitivity
matrix Foresulting from damage to the structure. Then,
a is solved from the equation Zg+Zm—+Zdamp+-
Zmodes=(Fo+AF) a, a being a B X 1 matrix containing
the fractional change in stiffness of each said element.

Technical advantages of the method include a) the
ability to examine an entire structure at once—i.e., the
method is global; b) the ability to simultaneously iden-
tify both the damage location(s) and the severity of
damage a structure has incurred; c) the ability to use the
same method regardless of what materials were used to
make the structure; d) the ability to use the method
regardless of the topology and size of the structure; e)
the ability to use the initial frequency response functions
obtained in applying the method to serve as the basis for
future evaluations of thé structure (deterministic or
probalistic); f) the ability to use the damage parameters
obtained using the method in conjunction with existing
approaches to damage assessment such as a fracture
mechanics and continuum damage theory; g) the ability
to simply and easily collect the frequency response data
needed to analyze an entire structure from accessible
portions of the structure; h) the ability to use structure-
specific inputs such as the “sensitivity-matrix” in future
evaluations of a structure; i) the ability to use the
method in conjunction with local methods to drastically
reduce the cost and increase the accuracy of non-
destructive damage detection in large scale structures;
and j) the ability to enable the user to select the level of
detail at which the structure is to be evaluated, explic-
itly trading time and cost considerations against the
detail level of the resulting damage predictions.

BRIEF DESCRIPTION OF THE DRAWINGS

For a more complete understanding of the present
invention, and the advantages thereof, reference is now
made to the following descriptions taken in conjunction
with the accompanying drawings, in which:

FIG. 1 is a schematic diagram of a basic approach
utilized in the preferred embodiment;

FIG. 2 is a diagram of mode shape modal properties
of a simple beam;

FIG. 3 is a diagram of mode shapes for an undamped
elastic cantilever beam;

FIGS. 4a-b is a block diagram of an apparatus for
measuring modal properties of a test structure, along
with sample plots capable of being produced by the
apparatus;

FIG. 5 is a flow diagram of steps in the preferred
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embodiment for determining locations and severities of 50

damage to a structure;

FIG. 6 is a plot of a damage intensity matrix;

FIG. 7 is an elevational schematic view of a hanging
shear beam;

FIGS. 8a-b is a diagram of mode shapes of the hang-
ing shear beam;

FIGS. 9a-i is an isometric view of a space shuttle
body flap and diagrams of exaggerated mode shapes of
the body flap;

FIGS. 10a-j is a plot of diagram sensitivity matrices,
mode shapes, and a plot of an indicator function for the
space shuttle body flap;

FIG. 11 is a plot of an indicator function for the space
shuttle body flap;

FIGS. 12a-b are schematic plan and elevational
views of a concrete pier deck;

FIGS. 13a-¢ are diagrams of models of the concrete
pier deck;
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FIGS. 14a-c are diagrams of exaggerated mode
shapes of the concrete pier deck;

FIG. 15 is a frequency response curve of concrete
pier deck;

FIGS. 16a-/ exaggerated diagrams of mode shapes of
the concrete pier deck;

FIGS. 17a-¢ are diagrams of a localization phenome-
non for the concrete pier deck;

FIGS. 18a-d are bar graphs of a scaled indicator
function of the concrete pier deck;

FIGS. 19a-d are diagrams of predicted locations and
actual locations of damage to the concrete pier deck;

FIGS. 20a-d are elevational and schematic views of a
cantilever beam before and after inflicted damage;

FIGS. 21a-d are diagrams of predicted and inflicted -
damage to the cantilever beam;

FIGS. 22a-d are diagrams of predicted and inflicted
damage to the cantilever beam; and

FIGS. 23a-d are diagrams of predicted and inflicted
damage to the cantilever beam.

DETAILED DESCRIPTION OF THE
INVENTION

The preferred embodiment of the present invention
and its advantages are best understood by referring to
FIGS. 1-23 of the drawings, like numerals being used
for like and corresponding parts of the various draw-
ings.

FIG. 1 illustrates a basic approach utilized in the
preferred embodiment. Damage detector 10 inputs data
12 indicative of pre-damage modal properties of a struc-
ture. Damage detector 10 also inputs data 14 indicative
of post-damage modal properties of the same structure.
Based on data 12 and 14, damage detector 10 outputs
data 16 indicating the locations and severity of damage
in the structure.

FIG. 2 illustrates mode shape modal properties of a
simple beam 17 having ends 18 and 20 attached to sup-
ports 22 and 24, respectively. Mode shapes 26, 28 and 30
are shown in FIG. 2'in an exaggerated manner gener-
ally indicating directions of maximum deflection ampli-
tude at various points along beam 17. The number of
mode shapes of a structure is equal to the number of
degrees of freedom of the same structure. In the case of
the undamped beam 17, several mode shapes are possi-
ble, as shown in FIG. 2. For example, mode shape 26
results when all points along beam 17 vibrate in phase.
When points along beam 17 vibrate with different pha-
ses, other mode shapes are produced, such as mode
shapes 28 and 30 in FIG. 2. As the resonant frequency
of beam 17 increases, the relative phases of points along
beam 17 change more rapidly, thereby producing more
complex mode shapes such as mode shape 30. Hence,
mode shape 30 occurs at a higher vibration frequency
than does mode shape 28. Similarly, mode shape 28
occurs at a higher vibration frequency than does mode
shape 26. For a particular mode shape, the ratios be-
tween maximum deflection amplitudes of points along
beam 17 remain constant.

FIG. 3 illustrates the first five normal mode shapes
for an undamped elastic cantilever beam 32 having ends
34 and 36, with end 34 being fixed to wall 38 in such a
manner that no displacement or rotation occurs at end
34. Beam 32 has a length L. In mode 354, all points
along length L of beam 32 vibrate in phase as they
deviate from the static position of beam 32. In mode
35b, the points along beam 32 from wall 38 through
point 334 (0.774L) vibrate in phase, opposite the vibra-
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tion phase of points from point 33a through end 36.
Similarly, in mode 35¢, phase delineation occurs at point
33b (0.501L) and at point 33¢ (0.868L). In mode 354,
phase delineation occurs at point 334 (0.356L), at point
33e (0.644L) and at point 33/(0.906L). In mode 5, phase
delineation occurs at point 33g (0.279L), at point 334
(0.5L), at point 33/ (0.723)L and at point 33/ (0.926L).

Undamped natural frequencies of cantilever beam 32
are given by the expression

(Eq. )
on = Co\| ZL-

10

where n is the mode number, E is Young’s modulus of |5

elasticity or stiffness, I is the second moment of area,
and m is mass density (mass/volume). Cpis given by the
expression C,=(a, L)2 (Eq. 2), where an is the eigen-
value for mode n.

Mode shapes of the undamped cantilever beam 32 are
given by the expression

G n(x)=(cosh apx—cos apx)— o y(sinh apx—sin apx) (Eq. 3)
where oy, is given by the expression
cos apL + cosh anL (Eq. 4)

Oy o e e e e
n sin a,l + sinh a L

The eigenvalues a, are obtained from a characteristic
equation of the system which results from the imposi-
tion of boundary conditions on Equation (3). Table 1
lists values for Mode Number, C, and o, for cantilever
beam 32 of FIG. 3.

TABLE 1

Values for Mode Numbers
Mode Number

(n) Cn O

1 154118 1.000777
2 49.9648 1.000001
3 104.2477 1.000000
4 178.2697 1.000000
5 272.0309 1.000000

For general materials with arbitrary damping charac-
teristics, mode shapes may be complex.

FIG. 4q illustrates a block diagram of an apparatus
for measuring modal properties of a test structure, and is
illustrative of how modal properties may be ascertained
for a real structure. Specimen 42 receives physical exci-
tation force 40 from an impact hammer (PCB 086B01)
(not shown) having a maximum frequency range of 10
KHz. Specimen 42 provides acceleration 44 to a minia-
ture 5 mV/g PCB 309A piezoelectric accelerometer 46
attached to specimen 42. Analog signals 48 from accel-
erometer 46 and from the impact hammer are condi-
tioned by two PCB Model 480D06 signal conditioner
power unit D.C. voltage amplifiers 50. Amplified ana-
log voltage signals 52 from amplifiers 50 are then passed
to HP Model 5180A waveform recorder 54 which per-
forms an analog to digital conversion and stores the
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resulting digitized voltage data. Aliasing effects are

eliminated or minimized at this stage by sampling ana-
log voltage signals 52 at a rate at least twice the Nyquist
frequency of the impact hammer. Digitized voltage data
56 are passed from waveform recorder 54 to display
monitor 58, which displays the voltage-time signal rep-
resented by digitized voltage data 56. Digitized voltage
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data 60 are also passed to an HP-9845B microcomputer
62 which performs a Fast Fourier Transform (FFT) on
the voltage-time signal represented by digitized voltage
data 60. The resonances of the FFT correspond to the
damped eigenvalue frequencies (“eigenfrequencies”),
wdr, of specimen 42. Microcomputer 62 outputs FFT
data 64 to x-y plotter 66. Microcomputer 62 also pro-
vides FFT data 68 to output device 70. Output device
70 may store FFT data 68 on a floppy storage device or
may provide real-time or subsequent display of FFT
data 68.

In another exemplary embodiment, excitation force
40 may be induced on specimen 42 by slightly displac-
ing and then releasing a portion of specimen 42. Further
details regarding the apparatus of FIG. 4a and its appli-
cations may be found in “Global Damage Detection in
Solids—Experimental Verification”, The International
Journal of Analytical and Experimental Modal Analysis,
April 1990, pages 81-97, which is hereby incorporated
by reference herein.

FIG. 4b illustrates sample plots 67a and 675 capable
of being produced by x-y plotter 66 of FIG. 4a. As
shown in FIG. 4b, FFT data 64 (FIG. 4a) represents the
vibration frequency response of specimen 42 in the
frequency domain rather than in the time domain.
Hence, plots 67a-b shown in FIG. 4b illustrate ampli-
tude versus frequency within the range of 0 to 500
hertz. Each of the peak amplitude frequencies shown in
plots 67a-b of FIG. 4b denotes a resonant eigenfre-
quency of specimen 42. Rather than applying a single
frequency to vibrate specimen 42, the hammer excita-
tion technique provides an impulse to specimen 42,
thereby inducing a vibration frequency response for
specimen 42 simultaneously over a range of frequencies.
Hence, it is unnecessary to first vibrate specimen 42 ata
single frequency, to then measure the amplitudes of
vibration at that frequency, and to then vibrate speci-
men 42 at subsequent discrete frequencies individually,
in a technique commonly referred to as “scanning”.
Consequently, the vibration frequency characteristics
of specimen 42 may be readily analyzed within the
specified frequency range from plots 67a-b of FIG. 4b
to determine a multiplicity of mode shapes, their associ-
ated resonant eigenfrequencies and the amount of
damping at each resonant eigenfrequency. In an alterna-
tive embodiment, the mode shapes, associated resonant
eigenfrequencies, and damping may be determined by
optically scanning the vibrating structure with a laser.

The response functions illustrated in plots 67a-b are
functions of the ratio of the output vibration frequency
response of the structure versus the input force and
duration of excitation applied to the structure. Since this
ratio of output vibration frequency response versus
input excitation is constant for a linear structure at a
particular output frequency for all excitation forces
applied to the same structure, the response functions
illustrated in plots 67a-b are unaffected by variations in
the input force and duration of excitation applied to the
structure.

Piot 67a illustrates the vibration frequency character-
istics of specimen 42 in a pre-damage state. Plot 675
illustrates vibration frequency characteristics of speci-
men 42 in a post-damage state. As FIG. 4b illustrates,
the vibration frequency characteristics differ between
the undamaged and subsequently damaged specimen 42.
Specifically, resonant frequencies in plot 675 are lower
than corresponding resonant eigenfrequencies in plot
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67a, which may result from reduced stiffness or from
increased mass of the structure. Moreover, vibration
amplitudes at the resonant eigenfrequencies of plot 67a
are different from vibration amplitudes at the resonant
eigenfrequencies of plot 67b. Each resonant eigenfre-
quency and its associated amplitude correspond to a
single mode shape of specimen 42. In the preferred
embodiment, shifts in resonant eigenfrequencies and
their associated mode shapes and damping characteris-
tics are measured and analyzed to determine locations
and severity of damage to a structure.

Generally, suppose an undamaged structure with N
degrees of freedom, N modes, and B elements has spa-
tial properties of mass, damping and stiffness given by
matrices M, C, and K, respectively. The free-vibration
response of this structure may also be characterized by
the following modal quantities: damped natural fre-
quencies (wg) (i=1, . . . N), undamped natural frequen-
cies (w57 , mode shape vectors (¢;) and modal damping
(£). Similarly, if the structure is damaged or modified,
the spatial properties are M+AM, C+AC, and K+ AK,
while the modal properties are *4i= wdi+Awdi, ©*o=-
woi+Awoi, O*i=di+ Ady, and £*;=&;+ Af;, where AM,
AC, AK, Awg;, Awyi, Ad;and AE; represent changes in
the properties resulting from damage to the structure.

Modal mass, modal damping, and modal stiffness are
respectively given by

M;=0/T[M]é;,

Ci=d7[Cld.

and
K;=0;T[K]d;

where superscript T represents the transpose of the
matrix.

In the absence of damping, (K—AM) ¢=0, and con-
sequently A;=K;,/M; for the undamaged structure,
where A; is the eigenvalue for mode i. After damage,
A+ A=K+ AK))/ (M;+ AM)). If modal equations are
written for the pre-damage and post-damage states of
the structure and the equations are combined, the result
is a system of N linear equations in B unknowns of the
form:

24+ Zm+Zdamp+ Zmodes=(Fo+ AF)a (Eq. 5)
In which, Zg, Zm, Zdamp, and Zmodes ate N X 1 matrices
containing, respectively, fractional changes in the
damped eigenvalue frequencies, fractional changes in
the modal masses, fractional changes in the modal
damping ratios, and fractional changes in a norm of the
mode shapes; a is a Bx 1 matrix containing the frac-
tional loss in stiffness of each element; F,is an NXB
sensitivity matrix relating changes in modal parameters
to changes in element stiffness; and AF is the change in
the sensitivity matrix due to changes in mode shapes
resulting from the damage. For undamped structures,
Zdamp is distegarded.
Matrix Z4 is represented as
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Zaqy
Zy
Z4= ' ,
Zan
Arg; AM;
where Zg; = T 1+ iy

where Ag;is a damped natural frequency for mode i of a
damped structure, and A\g;is the change in Agj resulting
from damage to the structure.

Matrix Z,, is represented as

Zm
Zmy
Zm=| - |
sz
& TAIM]o*; AdTM]Ad;
where Zp; = +

M; M;

Matrix Zgamp is represented as

Zdarnpl
zdampz

Zdamp = : s

Zdamp,’\‘

here Z, A Ag? AM;
where Zgomp; = RAE) = 122 1+ i,

Matrix Z,,0des is Tepresented as

Zmodes
Zmodesa

Zmodes = . s
ZmodesN

Ad;T[K)AS;
where Zmodesi = —dl-gg—l ,
1
and where Ad;is the change in mode shape i resulting
from the damage.
Matrix a is represented as
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where a;=Ak;/k;, k;is the stiffness measure for element
J» and Ak;is the change in stiffness resulting from dam-
age to the structure.

Matrix F, is represented as

Fiy Fp Fip
Fa Fap
. Fy .

Fo = 4 ’
Fnmi Fn2 ... Fnp

where F;=B,T K/Bi/K,, where matrix B;=Nyb,, where
K/is the contribution of the jth element to the primitive
stiffness matrix, and where N;is a connectivity matrix
indicating how element j is connected to other elements
of the structure.

Matrix AF=F*~—F,, where matrix F* is represented
as

. P B
Py F*p
Fo= ' Pij ' s
FPyy F*a2 ... P'np
where F;"=B"TK/B*'/K;, and where B"=N;
(di+Ad)).

Further details regarding the development of Equa-
tion (5) may be found in “A General Theory of Non-
Destructive Damage Detection in Structures”, Struc-
tural Control: Proceedings of the Second International
Symposium on Structural Control, University of Waterloo,
Ontario, Canada, Jul. 15-17, 1985, pp. 694-713, and in
“Nondestructive Construction Error Detection in
Large Space Structures”, 4744 Journal, Vol. 28, No. 1,
January, 1990, pp. 146-152, and in “Global Non-
Destructive Damage Evaluation in Solids™, The Inter-
national Journal of Analytical and Experimental Modal
Analysis, April, 1990, pp. 67-79, which are each hereby
incorporated by reference herein.

In the preferred embodiment, all items on the left
hand side of Equation (5) are obtained from pre and
post-damage modal tests. In an important aspect of the
preferred embodiment, the sensitivity matrix, F,, is
obtained from the stiffness matrix of the structure and
measured undamaged modes. In an alternative embodi-
ment, the sensitivity matrix, F,, may be obtained from a
dynamic finite element analysis of a theoretical model of
the undamaged structure. However, by obtaining the
sensitivity matrix,'F,, from the stiffness matrix of the
structure and measured undamaged modes rather than
from a theoretical model, a more accurate determina-
tion of damage is achieved by avoiding negative effects
of uncertainties regarding the theoretical model; fur-
thermore, it becomes unnecessary to correlate actual
measured data to the theoretical model.

In another important aspect of the preferred embodi-
ment, the AF matrix accounts for changes in the sensi-
tivity matrix, F,, resulting from damage to the struc-
ture. Hence, a more accurate determination of damage
is achieved. The matrix AF is obtained from measured
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pre-damage and post-damage modes and a stiffness ma-
trix of the structure.

In the preferred embodiment, a variety of approaches
are used to obtain a solution to Equation (5). If NZB,
are used the sensitivity matrix is inverted using exact
inverses or over-determined least squares approaches to
give the magnitude and location of damage directly.

If B>N, pseudo inverse techniques in certain in-
stances are used in certain instances to invert the sensi-
tivity matrix.

If B> >N, pseudo inverse techniques may not be
used to invert the sensitivity matrix. However, in an
important aspect' of the preferred embodiment, the
problem is separated into a localization phase and a
severity estimation phase. By first locating damage and
then subsequently estimating its severity, damage is
confidently located from among hundreds of members
given only a few modes. Given the location of damage,
a reduced set Equation (5) may then be used to accu-
rately estimate the severity of damage to the structure.

FIG. 5 illustrates a flow diagram of steps in the pre-
ferred embodiment for determining locations and sever-
ities of damage to a structure. In Block 100, the place-
ment of one or more accelerometers on a structure is
determined, such that accelerometer data provides in-
formation indicating mode shapes of the structure to be
analyzed. Placement of one or more accelerometers
should be consistent with a mechanical damage detec-
tion model of the structure which is based upon the
structure’s actual mechanical behavior; elements of the
damage detection model have assigned geometric and
material properties. It should be noted that accelerome-
ter readings may also be interpolated to provide pseudo-
accelerometer readings as needed, based upon a deter-
mined level of specificity of damage to be detected in a
particular structure. After determining placement of
one or more accelerometers in Block 100, material and
geometric properties of the structure are determined in
Block 102. Then, in Block 104, a modal stiffness matrix
of the structure is generated for damage analysis, using
a decomposed stiffness matrix of the damage detection
model.

After placement of one or more accelerometers in
Block 100, pre-damage and post-damage frequency
response data is acquired in Block 106. From the pre-
damage and post-damage frequency response data,
modal parameters are extracted in Block 108 to deter-
mine modal damping, modal frequency and mode
shapes. The modal parameters data, along with the
material and geometric properties data determined in
Block 102, are preferably checked for completeness,
formatting, consistency, and errors.

After the stiffness matrix is generated in Block 104,
and after modal parameters are extracted in Block 108,
the sensitivity matrix is computed in Block 110 for the
damaged structure using post-damage experimental
modes and the stiffness matrix. Moreover, in Block 112,
the sensitivity matrix is computed for the referenced
structure using pre-damage experimental modes and the
stiffness matrix. Also, sensitivity equations are gener-
ated in Block 113 for the structural system. Hence, the
sensitivity matrices depend upon the accuracy of the
determined modal parameters and upon the accuracy of
the determined stiffness matrix. Consequently, in an
important aspect of the preferred embodiment, the
modal parameters are determined directly from mea-
surements of actual vibration frequency responses of the
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structure, rather than from estimates based on a theoret-
ical model of the structure.

After computing sensitivity matrices in Blocks 110
and 112, the sensitivity matrix for the damaged struc-
ture is filtered in Block 114, using the sensitivity matrix
of the referenced structure as a base line. Then, in yet
another important aspect of the preferred embodiment,
an appropriate indicator function is applied in Block 116
to localize damage in the structure. The indicator func-
tion utilized in Block 116 is described further hereinbe-
low.

After localizing damage in Block 116, the severity of
damage is estimated in Block 120, based upon the local-
ized damage, upon the sensitivity equations generated in
Block 113, and upon other experimentally determined
modal quantities. After severity of damage is estimated
in Block 120, locations and severity of damage are out-
put in Block 122.

Damage is localized in Block 116, based upon an
appropriate indicator function. The indicator function is
an important aspect of the preferred embodiment, be-
cause it allows damage to be localized in the structure
prior to determining the severity of damage in the struc-
ture, thereby confidently locating damage from among
hundreds of members given only a few modes. By first
locating damage, the reduced set equation (5) is then
used to accurately estimate the severity of the damage.

The indicator function is based upon the concept that
if Fjand F;" are the respective pre-damage and post-
damage sensitivities for mode i and member j of a struc-
ture, and if K;is the spatial stiffness, and if ¢;and ¢;" are
the respective pre-damage and post-damage modes, and
if r is a real number, then real functions f(Fy, F;*, bs, ¢/,
Kj)>r exist such that j is a damaged location.

After j is identified as a damaged location, then sever-
ity of damage is determined based upon the following
concept. If Fjand Fy", diand ¢;°, and £;and £;" are the
i’" modal parameters associated with a structure dam-
aged at location j, and if a;is the severity of damage at
location j, then a function gdFy Fi*, ¢, ¢, & &,
aj)=0 exists which can be solved to obtain a; at each
location j for each mode i. The indicator function indi-
cates a change in energy stored in a location of the
structure. Changes in stored energy typically occur
only very near one or more locations where the struc-
ture is damaged.

The indicator function is a function of AF, where i is
the mode shape number and j is the element number
designating a location in the structure. The quantity
AF;=F;"—F;;, where Fj is a sensitivity element of a
sensitivity matrix, Fo, for the undamaged structure, and
where Fj" is a sensitivity element of a sensitivity matrix,
F*, for the damaged structure.

Several indicator functions may be used to localize
damage in a structure. Examples of indicator functions
which relate Fj;to F; in some manner are:

AFj
Ij= Py/Fy =1 +—IT
where
F;j'=F;+AFj;

Li=(F;*—Fj)", where n is an integer and typically
8=n=10;
I;=nXAFj; where n is an integer; and
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where x; and y; are coordinates of a two-dimen-
sional surface divided into gradients corresponding
to mode i, such that sensitivity matrices Fo and F*
are represented as two-dimensional surfaces, and
where I;is the cosine of the angle between outward
normals of the two surfaces at coordinates (x;, Yi)
on each surface corresponding to location j in the
structure.
Another indicator function is

I _ Pac bk Ki
=Rk Pw KN

where K*=0¢"7K]$*;, bix=(dius—di? boik=(-
b* 14— " i)i?, Frix=Fix+ AFi, iis a selected mode, k is
a selected element, ¢4 is an element of matrix ¢;corre-
sponding to a node A of the structure, ¢;cis an element
of matrix ¢; corresponding to a node C of the structure,
&*.4is an element of matrix ¢*; corresponding to node
A, ¢"ic is an element of matrix ¢*; corresponding to
node C, and nodes A and C are nodes connected to
element k. Thus, the quantity (b1 — dic)x is the differen-
tial displacement of element k with respect to mode i. It
should be noted that N number of ¢;matrices exist, each
for a particular mode i of the structure. Each matrix ¢;
may be represented as

En
on

&; d;iz ,

¢‘;’A’

where N is the number of nodes, in a system where the
number of nodes equals the number of degrees of free-
dom, which is equal to the number of modes N. Matri-
ces ¢*;are represented in a manner analogous to matri-
ces ¢;. If the damage detection model closely models
the true structure, then Iy=ax+1, and the indicator
function Iy consequently has the capability of simulta-
neously locating the damage and estimating its severity.

Another indicator function utilizing matrices ¢; and

¢iis

I = (d*14 — O%iQ)k [AFik _
k= "T6m — diok Fi

2[(d*i4 — b*iO)k — (bis — $ic)k)
(dig — diOk -

[(d*is — %Ok — (bia — diOK)
(big — dick

]

For this indicator function, if the damage detection
model closely models the true structure, then Iy=ay,
and the indicator function I consequently has the capa-
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bility of simultaneously locating the damage and esti-
mating its severity.

Each of the aforementioned indicator functions indi-
cates damage when Ii>r or Ix>r1, where r is a real
number. More than one indicator function may be used
in a particular situation to cross-check the likelihood
that a structure is damaged at location j.

In an alternative embodiment, if pre-damage modal
properties are estimated based upon a theoretical model
such as a Finite Element Model (FEM), rather than
being determined from the actual vibration frequency
response of the pre-damage destruction, then damage
may be localized based upon the indicator function
Ix=Zi/Zj—Fi/Fj, where damage is indicated at loca-
tion k when I is a minimum, and where i and j are two
separate modes of the same structure. This relationship
is based upon the concept that for any two modes, i and
J, the following two sensitivity equations may be writ-
ten:

B
zi=k£1Fik¢1k
and
z=- % F

]_k=l “jkLk-

In the preferred embodiment, Z;and Z;are elements of
the Z, matrix of Equation (5) for modes i and j, respec-
tively, when damage is assumed to be small and when
other items on the left hand side of Equation (5) are
consequently assumed to be insignificant. If we assume
that the structure is damaged at a single location, e.g.,
k=g, then on setting

By=Zi/Z;
the equations for Z;and Z; may be substituted to give
By=Fig/Fjg

Thus, the location of damage, q, may be identified by
that location at which for any two modes, the ratio of
changes in eigenvalues equals the ratio of the sensitivi-
ties. Since B; can be determined from experimental
measurements and Fj; are known from the sensitivity
matrix of the FEM model of the structure, the indicator
function I; may be utilized to locate damage.

Given that the damage is at location q in the struc-
ture, the magnitude of the damage may be estimated
from the equation for Z;or for Z;(with all a;=0 except
i=q)

ag=Zi/Fig
where, for the linear problem, a,is defined in the range

0Z2asz -1

Analogous expressions can be used for a structure dam-
aged at two or more locations.

FIG. 6 illustrates a plot of a damage intensity matrix
a of Equation (5) as a function of k, where k is an ele-
ment location in the structure. In FIG. 6, location a in
the structure has a damage severity equal to b, which is
significant damage as indicated by maximum point 150
of curve 152.
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In another important aspect of the preferred embodi-
ment, location a and severity b are assumed and then
applied to Equation (5) to determine whether the as-
sumed location a and severity b are accurate. In the
preferred embodiment, location a and severity b are
assumed based upon locations identified through use of
one or more other indicator functions described further
hereinabove. In this manner, locations identified
through use of an indicator function may be cross-
checked. In an alternative embodiment, location a and
severity b are originally obtained by substituting the
distribution given by curve 152 directly into Equation
(5) and solving for a and b without first using another
indicator function.

Specifically, the following indicator function is uti-
lized to relate an assumed location a and severity b to

Equation (5)

b
k) = e
ok} 1+ n(k — a)?

where n is some number which controls the width of
curve 152 in the region near location a. Note that if a is
the correct location of damage and if b is the correct
severity of damage at location a, then a(k) equals the
correct severity of damage, b, when k=a. When the
correct value for a(k) is substituted into Equation (5),
the left hand and right hand sides of Equation (5) are
approximately equal. If a significant difference exists
between the two sides of Equation (5), then a new value
for a or b is inserted into the expression for a(k). In this
manner, an accurate location and severity of damage to
the structure may be either cross-checked or originally
obtained.

For example, in applying Equation (5) for a particular
mode and location, the following expression is obtained.

y

N
Z; = kil Fix a(k)

where i is the mode number and where k is the location
of an element in the structure. In the preferred embodi-
ment, Z;is an element of the Z; matrix of Equation (5),
when damage is assumed to be small and when other
items on the left hand side of Equation (5) are conse-
quently assumed to be insignificant. Substituting the
indicator function for a(k) gives

b

Zi= ¥ Fj————
T k21 % T atk — ap

thereby giving an equation for each mode i which in-
corporates the assumed location a and severity b. Con-
sequently, in still another important aspect of the pre-
ferred embodiment, if P modes (i.e. i=1 ... P) are
analyzed for the structure, then P equations are avail-
able to solve for the two unknowns, a and b, thereby
solving for location and severity of damage in large
structures even when B> >N.

Note also that three dimensional coordinates (x, v, z)
may be used to describe the locations of elements in the
structure, in which case the expression for a(x, y, z) is
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_ q
alxpz) = 1+ n(x — a)? + n@y — b2 + n(z — o2

where q is the severity of damage and where (a, b, ¢) are
the coordinates of an assumed location of damage in the
structure. In this case, P equations are available to solve
four unknowns, a, b, ¢, and q.

With reference to FIG. 7, an application of the pre-
ferred embodiment is illustrated for a hanging shear
beam 799. Shear beam 799 comprises twenty-four shear
springs 804a-x. Each spring 804a-x is assigned an ele-
ment number from 1 to 24, respectively. The mass of
shear beam 799 is concentrated at 25 nodal points
802¢-y. Each nodal point 802a-y is assigned a number
from 1 to 25, respectively."Shear beam 799 is attached to
extensional springs 805a¢-b at nodes 8024 and 802y, re-
spectively. Springs 805a-b are attached to supports 806
and 807, respectively. Only motion in the y-direction
810 is allowed in the example. Thus, the 24X 24 primi-
tive stiffness matrix for the problem is a diagonal matrix

k24

where K, is the primative stiffness matrix and k; is the
stiffness value for the i*# element. The 24 X 25 connectiv-
ity matrix N for this problem is given by

having a total of 25 columns and 24 rows.
The system stiffness matrix is given by

K=NTK,N

The 25X 25 mass matrix for the structure is given by

M
M, O
O My
Mas

Twenty-five hypothetical accelerometers (not shown)
are placed at nodal points 802a-y corresponding to the
mass concentration points. An actual analysis of the
response of the accelerometers would yield twenty-five
mode shapes and twenty-five eigenfrequencies for each
state of shear beam 799. For illustrative purposes of the
present example, the modal response obtained from the
accelerometers may be simulated using a dynamic anal-
ysis of shear beam 799, springs 805a-5, and supports 806
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and 807, which collectively form structural system 800.
Two states of structural system 800 are considered: (a)
the undamaged state in which the stiffnesses of springs
8040-x are each equal to 105 N/M and the masses of
nodes 802a-y are each equal to 0.1175 kg; and (b) the
damaged state in which the stiffness of spring 804a
(element number 1) is reduced to 0.5X 109 N/M and the
stiffness of spring 8044 (element number 8) is reduced to
0.5x10° N/M. Thus, the damage corresponds to aj-
=ag=—0.5.

Data indicating five pre-damage and post-damage
mode shapes (modes 1 to 5), non-dimensionalized with
respect to modal mass, for structural system 800 are
listed in Tables 2a and 25, respectively. FIG. 8a illus-
trates pre-damage mode shapes 901 and 903, and FIG.
8b illustrates post-damage mode shapes 905 and 906.
For mode 3, the corresponding pre-damage and post-
damage eigenvalues are 5.7998x 108 and 5.4168 X 108,
respectively.

For mode 4, the corresponding pre-damage and post-
damage eigenvalues are 1.2956x10% and 1.2877X 109,
respectively.

The contribution of the i”» mode and k' member to
the sensitivity matrix is given by

kildix = dik+ DK
24 2
pZq k¥ Pib — Pibt1p

Jik =

where kg is the stiffness of the k* element. For example,
the pre-damage and post-damage contributions of the
third mode (mode 3) and k% member to the sensitivity
matrix are respectively given by

kildsk — d3kq Di2

Sk =
p2q O35 — dap e
and
kdar* — dagr1*0?
St = =

B2 Foldnt — $3641%)5°

The pre-damage and post-damage sensitivities for mode
3 and mode 4 are listed in Table 2c.

The indicator function selected for this example is
Ix=f"x/fix. The real number r discussed further herein-
above is taken to be py+2c rwhere pyis the mean value
of the indicator function for mode i and where oyis the
standard deviation of the indicator function for mode i.
The values of the indicator function for modes 3 and 4
are listed in Table 2d, along with the means and stan-
dard deviations. Based on the indicator function values
in Table 2d, the locations of damage are elements 1 and
8.

The severity of damage may now be estimated from
the following equations

F'31a1+ F agag=Zs3+ Zdampy+ Zm3+ Zmodes

F o101+ F 4308=Zaa+ Zdamps + Zma+ Zmodess
From the third and fifth columns of Table 2c,
F*3;=0.004225,F"33=0.2227, F*4;=0.0131159, and

F*43=0.0104906. Table 2e lists the values for the sensi-
tivities obtained by utilizing the given stiffnesses,
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masses, mode shapes, mode shape changes, eigenfre-
quencies and eigenfrequency changes presented in this
example as applied to the definitions described in con-
nection with Equation (5) discussed further herein-
above. Note that in this example Zggmp=0 and 5
AM]=0.

The equations to be solved therefore reduce to

0.004225 a1 +0.2227 ag= ~0.1195

0.013116 a1 +0.0105 ag=—0.0118

On solving aj=—0.47 and ag=—0.52. Recall the
inflicted levels of damage at both locations were aj.
=ag=—0.5. Consequently, an accurate detection of
damage is obtained.

TABLE 2a
Pre-damage Mode Shapes
Mode
Node Model Mode 2 Mode 3 Mode 4 Mode 5
1 595491E + 00 .842152E + .842152E + .B42152E + .842152E + 00
00 00 00
2 .595491E + 00 .834947E + .B13456E + .J78047E + .729325E + 00
00 00 00
3 .595491E + 00 .813456E + .729325E + 595491E + 421076E + 00
00 00 00
.4 595491E + 00 .7T78047E + 595491E + 322278E 4+ —.650562E — 09
00 00 00
5 .595491E + 00 .729325E + 421076E +  —.128982E —  —.421076E + 00
00 00 08
6 .595491E + 00 .668124E + 217965E +  —.322278E +  —.729325E + 00
00 00 00
7 .595491E + 00 595491E +  ~.224510E —  —.595491E +4+  —.842152E + 00
00 09 00
8 .595491E + 00 512670E +  —.217965E +  —.778047E + —.729325E + 00
00 00 00
9 .595491E + 00 421076E +  —.421076E +  —.842152E +  —.421076E + 00
00 00 00
10 .595491E + 00 322278 +  —.595491E +  —.778047E +  —.650561E — 09
00 00 0o
11 595491E + 00 217965E +  —.729325E +  —.595491E + 421076E + 00
00 00 00
12 .595491E + 00 J109923E +  —.813456E +  —.322278E + .729325E + 00
00 00 00
13 .595491E + 00 —.581326E —  —.842152E + 224427E — .842152E + 00
14 00 15
14 .595491E + 00 —.109923E +  —.813456E + .322278E + \729325E + 00
00 00 00
15 .595491E + 00 —.217965E + —.729325E + 595491E + .421076E + 00
00 00 00
16 .595491E + 00 —.322278E +  —.595491E + J78047E +  —.650564E — 09
00 00 00
17 .595491E + 00 —.421076E +  —.421076E + .842152E +  —.421076E + 00
00 00 00
18 .595491E + 00 —.512670E +  —.217965E + 778047E +  —.729325E + 00
00 00 00
19 .595491E + 00 —.595491E + —.224502E — .595491E + ~.842152E + 00
00 ) 09 00
20 .595491E + 00  —.668124E + .217965E + 322278 4+ —.729325E + 00
00 00 00
21 .595491E + 00 —.729325E + 421076E + 128981E — —.421076E + 00
00 00 08
22 .595491E + 00 —.778047E + 595491E + -.322278E + —.650563E — 09
00 . 00 00
23 .595491E + 00 —:B13456E + J729325E +  —.595491E + 421076E + 00
00 00 00
24 .595491E + 00 —.834947E + .813456E +  —.778047E + .729325E + 00
00 00 00
25 .595491E + 00 —.B42152E + .842152E +  —.842152E + .842152E + 00
00 00 00
TABLE 2b
Post-damage Mode Shapes
Mode
Node Mode 1 Mode 2 Mode 3 Mode 4 Mode 5
1 595491E + 00 .869608E + .798332E + .864029E + .110925E + 01
00 00 00
2 .595491E + 00 .855572E + 747520E + 733294E + .827266E + 00
00 00 00
3 .595491E + 00 .834744E + 674536E + .556974E + 475971E + 00
00 00 00
4 595491E + 00 .B00H42E + .558619E + .296379E + 367819E — 02
00 00 00
5 .595491E + 00 J753221E + 407148E +  —.905975E —  —.469550E + 00
00 00 02
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TABLE 2b-continued

Post-damage Mode Shapes

Mode
Node Mode 1 Mode 2 Mode 3 Mode 4 Mode 5
6 .595491E + 00 .693841E + 229762E +  —.313128E +  —.823413E + 00
00 00 00
7 .595491E + 00 .623263E + .377531E — —569818E + 00 —.967953E + 00
00 01
8 .595491E + 00 542624E +  —.156659E 4+  —.740290E + = —.866427E + 00
00 00 00
9 .595491E + 00 .363829E +  —.525542E +  —.85T210E +  —.222862E + 00
00 00 00
10 5954%1E + 00 268560E +  —.676533E +  —.785968E + .155576E + 00
00 00 00
11 .595491E + 00 .168955E +  —.784465E +  —.595803E + 494463E -+ 00
00 00 00
12 .595491E + 00 .666232E —  —.842468E +  —.315488E + .707542E + 00
ot 00 00
13 595491E + 00 —.367840E —  —.846849E + .125627E — 740947E + 00
01 00 01
14 .595491E + 00 —.I39597E +  —~.797330E + 338712E + .585883E + 00
00 00 00
15 .595491E + 00 —.240158E + -.697063E + 613612E + .281880E + 00
00 00 00
16 .595491E + 00 —.336841E +  —.552430E + 795668E +  —.937803E ~— 01
00 00 00
17 595691E + 00 —.428088E +  —.372636E + .857333E +  —.445600E + 00
00 00 00
18 595491E + 00 —.512425E + —~.169124E + 789277E +  —.684143E + 00
00 00 00
19 .595491E + 00 —.588491E + 451522E — .601797E + —.748768E + 00
00 01 00
20 .595491E + 00 —.655058E + .256554E + .323260E + —.623046E + 00
00 00 00
21 595491E + 00 —.711052E + 451628E +  —.418770E —  ~.338938E + 00
00 00 02
22 595491E + 00 —.755569E + .617956E +  —.331002E + 313327E - 01
00 00 00
23 .595491E + 00 —.787890E + J44952E +  —.607734E + .393638E + 00
00 00 00
24 595491E + 00 —.807493E + 824534E + -.792510E + .655876E + 00
00 00 00
25 595491E + 00 —.814063E + .851637E +  —.857374E + .751381E + 00
00 00 00
TABLE 2¢
Sensitivities for Modes 3 and 4
Contributions to Sensitivity Matrix
Mode 3 Mode 4
Member Pre-damage Post-Damage Pre-damage Post-Damage
1 \141976E — 02 .422555E — 02 .558227E — 02 .131159E — 01
2 J122039E — 01 .871777E — 02 .416667E — 01 .511991E — 01
3 .308825E — 01 .219909E — 01 .777511E — 01 .925425E — 01
4 .524508E — 01 .375502E — 01 .777511E — 01 .929093E — 01
5 J11294E — 01 .514976E — 01 .416667E — 01 .519502E — 01
6 819136E — 01  .603387E — O1  .558227E — 02 .866755E — 02
7 .819136E — 01 .618583E — 01 .558227E — 02 .427633E — 02
8 711294E — 01 .222704E + 00 .416667E — 01 .104906E — 01
9 .524508E — 01 .373128E — 01 .777511E — 01  .594163E — 01
10 .308825E — 01  .190656E — 01 .777S11E — 01  .476464E — 01
11 .122039E — 01 .550610E — 02 .416667E — 01 .188559E — 01
12 .141976E — 02 .314169E — 04 .558227E — 02 .459898E — 03
13 .141976E — 02 .401319E — 02 .558227E — 02 .997559E — 02
14 .122039E — 01 .164538E — 01 .416667E-— 01 .383418E — 01
15 .308825E — 01 .342364E — 01 .777511E — 01 .585475E — 01
16 .524508E — 01 .529058E — 01 .777511E — 01 .513522E - 01
17 711294E — 01 .677845E — 01  416667E — 01 .236075E — 01
18 819136E — 01 .751447E — 01 .558227E — 02 .173267E — 02
19 819136E — 01 .731426E — 01 .558227E — 02 .655751E — 02
20 711294E — 01 .622797E — 01 .416667E — 01  .334877E — 01
21 .524508E — 01 .452775E — 01 .777511E — 01  .568796E — 01
22 .308825E — 01 .263958E — 01 .777511E — 01 .544587E — 01
23 J122039E — 01 .103653E — 01 416667E — 01 .285304E — Ot
24 J141976E — 02 .120217E — 02 .558227E — 02 .378420E - 02

20
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TABLE 2d

Indicator Function for Modes 3 and 4
Indicator Function f*;x/fix
Mode 3 Mode 4

Location

1 2.976* 4.134%

2 0.714 0.9282

3 0.712 0.9045

4 0.716 0.8937

5 0.724 0.8851

6 0.737 0.8778

7 0.755 0.868

8 3132+ 3.281*

9 0.712 1.227

10 0.617 1.077

1 0.451 1.045

12 0.022 1.029

13 2.828 1.018

14 1.348 1.007

15 1.109 1.988

16 1.009 0917

17 0.952 1.119

18 0.916 1.047

19 0.893 1.033
20 0.876 1.026
21 0.864 1.023
22 0.854 1.014
23 0.844 1.019
24 0.847 1.012
Mean (p) 1.067 1.223
Standard 0.76 763
Deviation (o)
B+ 20 2.587 2.782

*Damage Location
TABLE 2e
Modal Sensitivities
Mode Sensitivities Left Hand Side of
Num. Zg Zm Z modes Equation (5)
3 —0.0660 +0.0058 ~0.0593 —0.1195
4 —0.0061 0.0010 —0.0068 —00119

With reference to FIG. 9a, in one experiment, the
damage detection approach utilizing Equation (5) was
tested to locate damage in body flap 204 of the } scale
model of the space shuttle orbiter 201 located at the
Vibration and Acoustic Test Facility of the United
States National Aeronautics and Space Administration
(“NASA”) Johnson Space Center (“JSC”). During
modal testing, a fault simulation was introduced into the
Orbiter Body Flap/Fuselage interface 200 shown in
FIG. 9a. In lieu of damaging the Orbiter model, which
would have resulted in a stiffness decrease, a part was
added resulting in a small increase in stiffness at the port
outboard rotary actuator 2022. A complete set of 51
frequency response functions were measured prior to
adding the part and a complete set was also acquired
subsequent to the structural modification. Two modal
models were then constructed based on the measured
frequency responsg function data sets.

The approach utilizing Equation (5) correctly estab-
lished that a stiffness change had occurred, and the
locale of the fault simulation was also correctly identi-
fied. In addition, the approach identified two other local
areas on the quarter scale body flap 204 structure exhib-
iting unexpected anomalous conditions.

One of these areas was evident by the observation of
unusual shear deformation across the trailing edge 206
wedge assembly interface 207 with the forward box
assembly 208. The shear deformation was evident in
both modal models (pre and post fault) mode shape
illustrations. The second location identified as a sus-
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pected problem area was at the port outboard trailing
edge corner 209.

A Network diagram 220 of the body flap 204 (FIG.
9a) reflecting the model used for the modal analysis is
shown in FIG. 9b. Fifty-one response acceleration mea-
surements were located on the under side of the body
flap skin at each point necessary to define network
diagram 220, sensing motion normal to the skin along
the z-axis 224. In general, all measurements were made
in the x-y plane 227 formed by the intersection of each
rib, such as rib 226, and the forward spar 228, immedi-
ately aft 230 and immediately forward 232 of the trail-
ing edge wedge/forward box assembly joint 231 and
just forward of the trailing edge 234—four measure-
ments 236 across the chord of the body flap in the plane
of each body flap actuator 238 (202 in FIG. 9a) and
stability rib, such as rib 240.

Frequency response functions were obtained using
burst random excitation forces input simultaneously at
two locations. The two forces were applied at the port
and starboard wing aft spar in a vertical direction at
position between each pair of inboard and outboard
elevons.

The data acquisition conditions used provided re-
sponse functions having 1638 frequency lines covering a
frequency range of 0 to 312 Hz. The measurement and
excitation locations used during the quarter scale tests
correspond exactly with planned Shuttle Modal Inspec-
tion System locations for full scale Orbiter tests.

Damage to the flap fuselage interface was simulated
by attaching a 5.25 X 1.0X0.062 inch aluminum segment
to the underside of the model using a double sided adhe-
sive tape to make the attachment. The part was located
so as to bridge between the flap and fuselage stub skins
and was centered on the port outboard actuator. In
FIG. 94, four actuators 202a-d bridge the body flap 204
and fuselage 201 and in this arrangement the space be-
tween the body flap 204 and the fuselage 20 resulted in
the part being unsupported over a length of 2} inches.
This arrangement resulted in a negligible addition of
shear stiffness (Z, direction) and a small increase in
stiffness in the fore aft direction at the port outboard
body flap actuator Y station 242 (FIG. 9b).

A set of undamaged modes 251 (31.6 Hz), 252 (173.73
Hz), 253 (32.9 Hz), 254 (62.3 Hz), 255 (64.0 Hz), and 256
(119.1 Hz) is shown in FIGS. 9c-#, respectively, gener-
ally indicating maximum displacements at various
points along body flap 204 in an exaggerated manner
approximately three orders of magnitude greater than
actual maximum displacements. The following informa-
tion was used in the analysis: the modal parameters
(mode shapes, damped frequency, and modal damping)
for the six (6) undamaged modes 251-256 and the same
set of parameters for the corresponding damaged
modes.

The mechanical model 260 used to represent the body
flap 204 is shown in FIG. 9. The model consists of 51
moveable nodes such as node 262 and 84 elements such
as element 264. Each node is constrained to one degree
of freedom corresponding to the displacement along the
z-axis of FIG. 9b. Each element was modelled as a
spring with element stiffness matrix given by

]
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where EI is the rigidity of the member and L is the
length of the member. The second moment of area I was
estimated from the approximate dimensions of the ribs,
such as rib 226, and spar webs 228 of FIG. 95. The
material was assumed to be aluminum. The length of the
element was obtained directly from the model. Masses
were concentrated at the nodes. In FIG. 94, mass magni-
tudes were obtained from the contribution of the appro-
priate tributary area, as for example the tributary area
defined by elements 266 and 268 corresponding to node
262. A series of springs at members 270a-n were added
to represent the attachment of the body flap 204 to the
aft fuselage 201 (FIG. 9q). Since only six modes were
provided and damage could occur in anyone of 84 ele-
ments, the indicator function approach was used. The
indicator function used in this example was of the form:

I;i=f(F;, AF)

where letters i and j refer to the mode and location,
respectively, g is the function of interest, Afj is the
change in the i,j®® component of the sensitivity matrix
due to the change in mode shape, and I(j) is the value of
the indicator function for the ith mode as a function of
location.

Using the stiffness matrix defined above and the ex-
perimentally determined mode shapes, sensitivity matri-
ces F, and AF were obtained. Typical sensitivities for
modes 1 (280), 3 (283), and 5 (285) are shown in FIGS.
10a-¢, respectively. Components such as component
286 (FIG. 10a) of the sensitivity matrices were substi-
tuted into the indicator function, and indicator func-
tions were computed for all six modes. All six indicator
functions were then averaged to give the best estimate
of the modified location as shown in plot 290 of FIG.
104. Note from FIG. 104 that two distinct peaks occur
at locations 58 (292) and 82 (294), with the former loca-
tion 292 being more pronounced.

To confirm the reliability of the indicator function
approach, pre-damage and post-damage mode shape
vectors and eigenfrequencies were generated for the
numerical model 260 (FIG. 9/). Damage was simulated
in the numerical model by reducing the stiffness of
member location 82 (263 in FIG. 9/) by twenty percent.
In the analysis, the first three theoretical modes 301 (8.8
Hz), 302 (11.7 Hz), 303 (16.39 Hz) in FIGS. 10e-g, re-
spectively, identified with experimental modes 1 (251,
FIG. 9¢), 3 (254, FIG. 9/}, and 5 (256, FIG. 9h). The
corresponding sensitivities 310 (mode 3), 3 (mode 2),
312 (mode 1) for the theoretical modes are given in
FIGS. 104~j, respectively. A plot 320 of the indicator
function, using the first theoretical mode 301 FIG. 10¢),
for this damage scenario is provided in FIG. 11.
Clearly, location 82 (322 in FIG. 11) is the only dam-
aged location. Thus, if the mode shapes are correct, the
indicator function approach is reliable.

On the basis of the foregoing analysis, note that:

(1) The structure was modified at the location aligned
with the *“port outboard actuator” 202a (FIG. 9a). Re-
ferring to FIG. 94, this location corresponds to member
82 (263) in FIG. 9i Thus the damage detection ap-
proach correctly establishes that a stiffness change has
occurred and that the location of the modification is
correctly identified by location 294 of FIG. 104.

(2) An analysis of the indicator function suggested
that location 58 (292 in FIG. 10d), the port outboard
trailing edge 209 (FIG. 9a), might also be a potential
damage location or that the one or more sensors in the
vicinity might have malfunctioned. A detailed inspec-
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tion disclosed that the port outboard trailing edge cor-
ner skin 209 (FIG. 9a) was indeed debonded from the
core material and was relatively flexible over a small
area approximately one inch square.

With reference to FIGS. 12a-5, in another example,
the modal response was measured in a 4 scale reinforced
concrete pier deck model prior to damage. The struc-
ture was damaged and the modal response measured
again. The procedure was repeated for two parts of the
structure. Based upon the experimental modal responses
of the structure and a structural drawing of the struc-
ture in question, the location and severity of the damage
was determined.

A schematic of the structure is shown in FIGS. 124
and 12b. The structure comprises a 53" thick, 31X 18
square foot area, slab 300 supported by six equally
spaced supports 302a-f The supports 302a-f and slab
300 form a monolithic system. Each of the five deck
spans 304a-¢ are reinforced along the x-direction 306.
Steel for temperature control is placed along the y-
direction 308. Three finite element models for the struc-
ture were used: (a) a space frame model 320 of the struc-
ture as shown in FIG. 13g, (b) a grid model 303 of Spans
304¢-d as shown in FIG. 135, and (c) a grid model 305
of Span 304¢ as shown in FIG. 13c.

The geometry of the grid and frame elements were
obtained directly from the bridge dimensions and the
tributary regions of the grids. The material properties
modeled in the Finite Element Model (“FEM”) analysis
were obtained as follows: (a) the mass density was based
on concrete with a density of 150 Ib ft—3, (b) the modu-
lus was obtained from the formula E.=57,000Vf,,
where f'.=3,000 psi, and (c) the shear modulus E) was
obtained using the relation E/G=2(1+v) where Pois-
son’s ratio v is v=0.2.

The general characteristics of the three models are
summarized in Table 3. An eigenanalysis was per-
formed on each structure to provide the eigenfrequen-
cies and mode shapes.

Experimental data for this example were collected in
two sets, hereinafter referred to as Data Set A and Data
Set B.

The experimental arrangement used to collect Data
Set A is shown in FIG. 13d. The accelerometer was
placed at Node 330 and the excitation hammer was
moved from Node 322 to Node 324. Data correspond-
ing to three damage states were taken. These states are
summarized in Table 4a. The three sets of data (PIER2,
PIER3, PIER4) were compiled in the form of Fre-
quency Response Functions (Acceleration/Force vs.
Frequency) to be used as input for a modal analysis
software package described in STAR Reference Man-
ual available from Structural Measurement Systems
(“SMS”), 510 Cottonwood Drive, Milpitas, Calif.
95035, which is hereby incorporated by reference
herein, to determine experimental mode shapes and
experimental frequencies.

The experimental arrangement used to collect Data
Set B is shown in FIG. 13e. The accelerometer was
placed at location 335 and a twelve-pound impact ham-
mer moved from Node 337 to Node 339. Again experi-
mental data corresponding to three damage states were
collected. These states are summarized in Table 4b. The
data (PIERS, PIERY, PIER10, and PIER11) were com-
piled in the form of Frequency Response Functions.

The following steps were then performed:
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(a) identifying the resonant frequencies of the struc-
ture;

(b) extracting the mode shapes associated with each
frequency; and

(c) correlating the mode shapes for each data set.

Steps (a) and (b) were accomplished routinely using
an “Identify Modes” portion of the SMS Modal soft-
ware package. Step (c) was achieved through a combi-
nation of visually inspecting the mode shapes at the
various levels of damage, on the basis of a Modal Assur-
ance Criteria for the modes, and on the basis of an anal-
ysis of the before and after shape of the same frequency
response curve. For example, FIG. 14¢ illustrates a
bending mode 340 (232.76 Hz) before damage. Mode
shapes are generally illustrated in a manner exaggerated
approximately three orders of magnitude. FIG. 145
illustrates a bending mode 342z (228.42 Hz) after mod-
erate damage, and FIG. 14¢ also illustrates a bending
mode 342b (224.55 Hz) after severe damage. FIG. 15
illustrates the use of the frequency response curve 344
for monitoring the mode before damage 346a and after
damage 3465. The undamaged frequencies and their
damaged counterparts are summarized in Table 5 and
Table 6.

Joint coordinates, member connectivity, boundary
conditions, and member properties were determined
and input using a STRUDL software package, de-
scribed in STRUDL User Manual, available from Mc-
Donnell Douglas Automation Co., P.O. Box 516, St.
Louis, Mo. 63166, which is hereby incorporated by
reference herein. The STRUDL software package was
used to generate the stiffness and mass matrices, to
perform the eigenanalysis, and to compute modal stiff-
nesses and modal masses. Information concerning the
generation of a connectivity matrix may be found in
Spillers, W. R., Automated Structural Analysis, Perga-
mon Press, Inc., New York, 1972, which is hereby in-
corporated by reference herein. After an FEM model of
the structure was formed and the dynamic analysis
completed, the elements of the sensitivity matrix were
formed. In the pier deck example, the sensitivity matrix
is associated with the model of the structure and not the
structure itself.

The experimentally determined modes were then
related to the theoretically computed modes of an ideal-
ized model of the structure. The modal assignment may
be achieved in one of three ways (or a combination
thereof):

(a) On the basis of a visual comparison of the ani-
mated mode shapes 350aq (113.79 HZ, STRUDL
theoretical analysis), 3506 (99.91 Hz, actual before
damage) and 350c (98.15 Hz, actual after damage)
of FIGS. 16a-c, respectively;

(b) On the basis of a modal assurance criterion be-
tween experimental and theoretical mode shapes;
and

(c) On the basis of the closeness of the match between
the wavelength and phase, respectively, of the two
groups of mode shapes 3504-350c.

Typical results of the modal assignment are summa-
rized in Tables 7-8 and in FIGS. 16a-. FIGS. 16d-f
respectively illustrate mode shapes 351a (170 Hz,
STRUDL theoretical analysis), 3515 (174.49 Hz, actual
before damage), and 351c¢ (165.9 Hz, actual after dam-
age). FIGS. 16g-i respectively illustrate mode shapes
3532 (203.29 Hz, STRUDL theoretical analysis), 3536
(211.42 Hz, actual before damage), and 353¢ (198.87 Hz,
actual after damage). FIGS. 16/-] respectively illustrate
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mode shapes 356a (240.58 Hz, STRUDL theoretical
analysis), 356b (259.74 Hz, actual before damage), and
356¢ (250.51 Hz, actual after damage). The modal assur-
ance criteria and identification of experimental modes
were performed using the CORV/DCORV software
package (p. 259), 1989, available from IMSL STAT/LI-
BRARY, 2500 Citywest Blvd., Houston, Tex. 77042,
which is hereby incorporated by reference herein.

Tables 7 and 8 provide guidance in selecting the
FEM model for the damage detection. Note that if the
finite element model! of the entire bridge is used, several
modes with different frequencies but with the same
mode shape in the region of measurement may be identi-
fied. This phenomenon is exemplified by the first mode
in the 5% span. For experimental frequency “a”, in Data
Set B (Table 8), there corresponds at least 5 modes with
the same shape (and with frequencies within 5 HZ) in
the region.

Also, not only is the structure symmetric about the x
and y coordinate axes fixed at the center of the deck, the
structure also exhibits translational symmetry along the
x-axis. In other words, the structure is periodic in the
x-direction. The geometric and material properties re-
peat themselves for each span. Structures with such
characteristics often exhibit the phenomenon of mode
localization. That is, the deformational energy of the
vibrational modes are often trapped in a single cell of
the structure. Furthermore, the frequency of the vibra-
tion for energy trapped in different cells is approxi-
mately the same. A further analysis of the pier presented
in this study confirmed the existence of this phenome-
non. FIGS. 17a-c respectively illustrate the localization
phenomenon 360z (90.01 Hz, mode 1), 3605 (90.13 Hz,
mode 2), and 360c (93.53 Hz, mode 5) for the pier for the
first five modes.

The full pier model was not used to detect damage,
but rather the simplified models were used to detect
damage.

The identified modes and the experimentally deter-
mined fractional changes in the eigenvalues were pro-
vided to the indicator function,

Z;
Zj

I ol

described further hereinabove, to locate the damage.
The data provided to the indicator function is summa-
rized in Tables 9-10.

It should be noted that only five or six modes of
vibration have been used to locate the damage. In the
case of the 2-span grid 303 (FIG. 13b) and the single
span grid 305 (FIG. 13c), the number of unknown loca-
tions were 94 and 43, respectively. So few modes were
taken because of the tremendous difficulty encountered
in identifying modes with wavelengths less than 4 ft.
This limitation is directly related to the arbitrary selec-
tion of a 2 ft. grid for the placement of the accelerome-
ters). Under such circumstances, the equivalent of alias-
ing in the time domain occurs in the spatial domain.

The results of the damage detection are summarized
in FIGS. 18a-d, which illustrate a scaled indicator func-
tion 380 along the y-axis based upon the indicator func-
tion values of Iz, such that as I approaches zero, the
scaled indicator function approaches 0.5. Each location
corresponds to a grid element 2 ft. long. In FIG. 18, for
Data Set A, Initial Damage (i.e., Pie2/Pier 3), the most
probable location of the damage is at location 42 (381).
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The results indicate that Location 43 (382) is also a
highly likely location of damage. Moreover, these two
members are contiguous. In FIG. 185, for Data Set A,
Subsequent Damage (i.e., Pier 2/Pier 4), the most prob-
able location of damage is at Location 43 (383). This
prediction does not preclude the existence of damage
beyond the limits of the model which is constrained to
spans 304c¢ and 3044 of FIG. 12a.

In FIG. 18¢, for Data Set B, Initial Damage (i.e., Pier
9/Pier 10) damage is predicted in locations 21 (390) and
39 (391). Note, however, that two locations are pre-
dicted because of the symmetry of the problem (includ-
ing the selected modes). A further piece of information
is used to eliminate location 21 or 39 in the actual struc-
ture. A comparison of the.mode shapes (before and after
damage) suggests that Location 39 is the more probable
location of damage.

In FIG. 184, for Data Set B, Subsequent Damage
(i.e., Pier 9/Pier 11), damage was predicted at locations
4 (395) and 5 (396) and locations 12 (397) and 13 (398).
Again the structure is damaged at only a single location,
but four locations (395-398) are indicated because of the
inherent symmetry. From a comparison of the mode
shapes of the undamaged and damaged structure, the
probable location damage is Location 12 (397) or 13
(398).

The magnitude of the damage was estimated accord-
ing to the equation a,=Z;/Fj; discussed further herein-
above. In every case the results indicated that the bend-
ing stiffness of the member in question was totally lost,
even for the case of slight damage in Bay 3044 of FIG.
12a. The predicted locations of damage are summarized
in FIG. 19a (Predicted Location 401 and 403 of Initial
Damage, Data Set A, FIG. 195 (Predicted Location 406
of Subsequent Damage, Data Set A), FIG. 19¢ (Pre-
dicted Location 392 of Initial Damage, Data Set B), and
FI1G. 19d (Predicted Location 397 and 398 of Subse-
quent Damage, Data Set B). The actual inflicted loca-
tions of damage are also shown in FIG. 192 (Location
500), FIG. 194 (Location 501), FIG. 19¢ (Location 502),
and FIG. 194 (Location 504). As can be seen, the pre-
dicted and inflicted locations are typically very close.

TABLE 3
Summary of FEM Models
Model No. of No. of Degrees
No. Description Elements of Freedom
1 Space Frame 1263 1254
Model of Pier
2 Grid Model of 94 225
Spans 3 and 4
3 Grid Model of 43 108
Span §
TABLE 4a
Data Set A
Damage Description
State of Data Remarks
No damage PIER 2 Reference
condition (0-500 Hz)
to structure
Damage PIER 3 Location and Severity
. Inflicted of damage unknown
(0-500 Hz)
More Damage PIER 4 Location and Severity
Inflicted of damage unknown
(0-500 Hz)
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TABLE 4b
_DataSetB
Damage Description
State of Data Remarks
No damage PIER 8 Freguency Range
in Span 5 0-500 Hz
(Reference)
No damage PIER 9 Frequency Range
in Span 5 0-1000 Hz
» (Reference)
Damage PIER 10 Location and Severity
introduced in of Damage Unknown
Span 5 at
Single Location
More Damage PIER 11 Location and Severity
in Same Vicinity of Damage Unknown
TABLE §

Referenced and Damaged Frequencies
for Data Set A

NCEL Frequency of Mode in Hz
Mode # PIER 2 PIER 3 PIER 4
A 117.12 —_ -

B 133.18 131.86 104.46
C 150.14 134,01 132.50
D 184.56 162.43 145.80
E 193.32 - 185.26
F 225.10 199.56 174.15
G 232.76 — —
H 282.07 249.44 246.28
1 346.20 310.88 297.92
J 425.88 385.55 351.53
K 452.10 415.00

L 459.35 453.75

TABLE 6

Reference and Damaged
Frequencies for Data Set B

NCEL Frequency of Mode in Hz

Mode No. PIER 8/PIER 9 PIER 10 PIER 11
a 99.91 98.15 90.86
b 174.49 165.90 159.62
c 211.42 198.87 197.68
d 259.74 250.51 230.09
e 321.71 308.61 286.14
f 392.45 384.69 356.13
g 409.69 412.08 411.49
h 442.63 444.82 44791
i 479.47 — —_
k 505.74 497.56 498.27
1 551.24 530.13 535.00
m 576.42 559.73 545.00
n 681.07 665.71 647.5
o 800.89 785.13 747.22
p 902.61 887.34 852.5

TABLE 7

Identification of Experimental
Modes for Data Set A -

Experimental FEM FEM
Mode Full Pier 2-Bay Deck
A Multiple Modes 2
B Multiple Modes 4
C Multiple Modes 6
D Multiple Modes 8
E Multiple Modes —
F Multiple Modes -
G Multiple Modes _
H Multiple Modes -
1 Multiple Modes 14
J Multipie Modes -_
K Multiple Modes -
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TABLE 7-continued

Identification of Experimental
Modes for Data Set A

30
for securing wedging blocks 41d-e and specimen 42 to
housing unit 415,
Only the bending modes about the minor axis (i.e., the
z-axis shown in FIG. 20b) of specimen 42 are considered

Experimental FEM FEM : .
Mode Full Pier 2-Bay Deck 5 in the experiment.

L Multiple Modes — For.eac_:h set of' frequency measurements, two types
of excitations are induced on specimen 42: a) specimen
42 is displaced slightly from its tip then released and the

TABLE 8 acceleration response is sampled by waveform recorder
10 R . X
Identification of Experimental 54 (FIG. 40) every 0.005 sec; and b) specimen 42 is
Modes for Data Set B impacted by an impact hammer (not shown) at the same
Experimental FEM Mode FEM Mode location and the response is sampled every 0.0005 sec.
Mode Fuil Pier Plate Model In the first case, the record length and the sampling rate

2 6,7,8,9,10 2 yield a 100 Hz frequency window with a resolution of

b 19,20,21,22,23 4 15 0.0977 Hz. In the second case, a frequency window of

S gg'gggzgg’” g 1000 Hz with a resolution of 0.4883 Hz is obtained. The

e 51535457 9 slower sampling rate was utilized in order to improve

f 69,71,72 12 the frequency resolution of the first two modes.

g 56,59,60,61 8 20 To improve the estimation of the peak frequency
measurements, a parabola is fitted to the peak response
amplitude and the two adjacent points. The maximum

TABLE9 amplitude of the fitted curve and its respective fre-
Input Into Damage Detection quency is then determined. Table 11 shows a typical set
Algorithm for 2 Span Grid Model 55 Of values for the frequency peaks as determined directly
Fractional Changes from the peaks in the frequency response curves and
FEM _ NCEL  Pier 2/Pier 3 Pier 2/Pier 4 Table 12 shows a typical set of values corresponding to
A - - the modified values obtained using the curve fitting
B —.01972 —0.3848 . X
P 0203 02212 procedure. The first six bending modes were measured
D ~0.2254 —0.3759 30 for each experiment.
E - —0.0816
F —0.2140 ~0.4016 TABLE 11
G —0.0369 — RESONANT FREQUENCIES OBTAINED USING
H —0.2180 —~0.2377 FFT OF ACCELERATION RESPONSE
I —02180 —0.2595 8f = 0.0977 Hz 3f = 0.4883 Hz
J 0.1804 —0.3187 35 Window - 100 Hz Window - 1000 Hz
K —0.1574 - Bending Frequency Frequency
L —0.0242 - Mode No. (Hz) (Hz2)
1 93750 N/A
2 58.789 58.594
TABLE 10 3 N/A 164.04
Input Into Damage Detection 40 4 N/A 327.64
Algorithm for Single Span Grid Model 5 N/A 529.30
FEM NCEL 6 N/A 806.16
Mode Mode Pier 9/10 Pier 9/11
a 0.0349 —0.1729
b —~0.0960 —0.1632 45 TABLE 12
c —0.1152 —-0.1258 IMPROVED FREQUENCY MEASUREMENTS USING
d —0.0698 —0.1527 INTERPOLATION
¢ —8-8;‘;2 ~0.208 8f = 0.0977 Hz 6f = 04883 Hz
Rryste -0l Window - 100 Hz Window - 1000 Hz
ﬁ + 0’ 0099 Bending Frequency Frequency
; +0U 50 Mode No. (Hz) (Hz)
j —0.0321 1 9.3757 N/A
k —0.0751 2 58.774 58.651
1 —0.0571 3 N/A 165.09
m —0.0464 4 N/A 327.83
n —0.0390 55 5 N/A 529.42
o —0.0552 6 N/A 805.94
In another example, the apparatus of FIG. 4a was In the experiment, the controlled variable is the dam-
used to measure vibration frequency responses of a age inflicted on specimen 42 and the observed variables
cantilever beam specimen 42 of FIG. 20a. Specimen 42 60 are the eigenfrequency changes of the damaged struc-
comprises a rectangular T6061 aluminum bar with a 4 ture relative to the undamaged structure. The following
by 1 inch cross-section. In the example, specimen 42 is approach is used to introduce a controlled magnitude of
cantilevered 40 inches above a support using a specially damage into the specimen. Assume that the cantilever
designed clamping device 41a which comprises a) a specimen 42 of FIG. 20q is divided into B sections of
steel housing unit 415 welded to a one-inch thick plate 65 equal length A=1/B, where L is the length of the spec-

41c¢ which is bolted to a reaction floor (not shown), b)
two wedging blocks 414 and 41e for restraining speci-
men 42 and c) two } inch tightening bolts 41/ and 41g

imens studied here. Then, for example, the fractional
change in the j* eigenfrequency for the cantilever dam-
aged in Location K may be given by
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IXk+Ak

5= SEINI Y () dx/K;

Xk

where S(E(x)I(x))x is the fractional reduction in the
bending stiffness in the damaged region (note that E and
1 are Young’s modulus and the second moment of area,
respectively), Y{(x) is the j*» mode shape vector for the
undamaged structure, and K; is the j* modal stiffness.
The fractional reduction in stiffness may be rewritten in
the form

SE®IENk=a()EMI(x)k

where E(x) and I(x) are associated with the undamaged
structure and a(x)x is some fraction. Using the mean
value theorem, the expression for z; may be written as

2= a(OREQOKOKYADIAK/K,
where
XkELExpAr

Also, if E(x)I(x)=constant before and after damage,
then the expression for z; becomes

2j=aWEDHYADI2AK/K;

Therefore, if Ay is fixed and 6(EI)x is constant in the
region x; = x =xx+ Ay, a uniform level of damage, ax=-
S(ED/(EI)x =constant, constant, has been inflicted on
the specimen. Since for a beam of rectangular cross-sec-
tion

SEI/El=381/1=>5(bh%)/(bh%)

(where for the given beam width b=1.0 inches and
height h=0.25 inches), a genera! expression for a is
given by a=06b/b+36h/h. Here, a is controlled by
controlling the quantity 8b/b. Reductions in the width
of the beam 42 are accomplished by uniformly milling
the specimen in the specified region 300 shown in FIG.
205. In all subsequent tests performed in this series of
experiments, B=10 and Ax=4 inches as shown in FIG.
20c. The damage inflicted corresponded to 8b/b with
values of 0.02, 0.10, and 0.30. Note that all specimens
were damaged as shown in FIG. 205.

For each specimen 42, the following procedure was
used to generate the damage and frequency data. The
undamaged cantilever specimen 42 was placed in the
clamping device 41¢ and the tightening bolts 41f and
41g were both torqued to the designated amount. The
set of undamaged damped frequencies were obtained
and recorded as described above. The specimen 42 was
then removed from the clamping device 41a, and a
designated portion 300 of the specimen 42 was milled as
shown in FIG. 20b. The specimen 42 was then replaced
in the clamping device 41a and the securing bolts 411
and 41g tightened to the same torque as before. Nine
different damage cases were tested to investigate the
possibility of predicting damage at extreme locations
and at different levels of magnitude. These damage
cases are listed in Table 13. Four specimens were used
to accommodate the nine damage cases. Since the total
variability in any peak frequency will be due to a combi-
nation of the effects from the damage and the removal-
replacement operation, the effect of the changing
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boundary conditions can be neglected if the frequency
changes caused by the damage are large when com-
pared to standard deviations of peak frequencies caused
by the removal-replacement operation.

TABLE 13

DESCRIPTION OF DAMAGE CASES
Magnitude of Inflicted Damage (AI/T)

(Tip) (Clamp)
Case 1 2 3 4 5 6.7 8 9 10

1 —.02
2 -.02

3 —.02

4 -.10
5 —.10

6 ~.10

7 -.30
8 -.30

9 —.30

The results of the experiment are summarized in Ta-
bles 14 and 15 which show the peak frequencies and the
modal damping ratios, respectively, for the undamaged
and damaged structure. The damping ratios are esti-
mated as follows. For each damage case, a single record
length of 4096 previously stored in the waveform analy-
zer 54 of FIG. 4a is subdivided into four equal record
lengths each containing 1024 records. Each record cor-
responds to a sampling time of 0.512 sec. The frequency
response curve for each record is generated and corre-
sponded to the response of the system at average times
of 0.256, 0.768, 1.28, and 1.72 sec. For each peak fre-
quency, the corresponding amplitude is obtained from
the frequency response curve. The natural log of the
ratio of the average amplitude at the first average time
(0.256 sec) to the average amplitude at the subsequent
times is plotted against the average number of cycles
completed. The damping ratio is obtained from the
slope of the least square line in the same manner as in the
Log Decrement Method. The damping ratios obtained
in this experiment are confirmed using the Bandwidth
Method.

TABLE 14

FREQUENCY RESPONSE OF
UNDAMAGED AND DAMAGED SPECIMENS

Frequency (Hz)

Case No. ] w2 w3 w4 @5 w6
Specimen 1

Reference 9.3763  59.066 16597 32890 531.81 809.09

4 9.1880  58.119 16440 32695 529.71 806.72

7 8.6908  56.568  161.56 23222 525.68 803.09
Specimen 2

Reference 9.3754  58.735 16541 328.00 530.14 806.24

2 9.3728  58.657  163.34 327.58 529.82 806.19

5 9.3094  58.608 165.04 327.24 529.24 805.15

8 9.2759 - 58.115  165.08 325.60 52821 803.99
Specimen 3

Reference 9.3711 58595 164.65 327.08 528.69 803.36

3 9.3720 58526  164.33 325.35 526.17 801.56

6 9.4706 58.593 164.09 32491 52600 80191

9 9.6940  58.605 162.14 319.99 519.68 795.63
Specimen 4

Reference 9.5676  60.023 16840 333.20 N/A  822.68

1A 9.4827 59.608 169.04 332.87 N/A 822.58
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TABLE 15

MODAL DAMPING RATIOS OF
DAMAGED AND UNDAMAGED SPECIMENS

Percent of Critical Damping

Case No. S {2 {3 Ls {s L6
_Specimen 1
Reference 0.0016 0.0014 0.0014 00014 00014 0.0014
4 0.0036 00017 0.0018 00019 00015 0.0015
7 0.0038 0.0014 0.0014 0.0014 0.0014 0.0015
Specimen 2
Reference 0.0032 0.0014 0.0015 0.0014 0.0014 0.0015
2 0.0028 0.0017 0.0017 0.0016 0.0014 0.0016
5 0.0029 00017 0.0018 0.0017 0.0017 0.0017
8 0.0039 0.0017 00019 00017 0.0016 0.0017
Specimen 3
Reference 0.0027 0.0016 0.0017 00017 0.0013 0.0015
3 0.0027 00018 0.0019 0.0017 00013 0.0016
6 0.0025 0.0017 00019 0.0018 0.0019 0.0018
9 0.0031 0.0018 00019 0.0020 0.0020 0.0019
TABLE 16

EIGENVALUE RESULTS AT A DAMAGE LEVEL OF
a = —0.01 USING FINITE ELEMENTS

Eigenvalue (Hz2)
20 2 203 2

w2

30180.5
301794
30159.0
30122.1
30125.2
30167.5
30170.3
30134.9
30140.8
30175.2
30127.4

Damage at
Location

2uwg

737193.
736832,
735962.
736781.
736287,
736513.
736507.
736232,
736740.
736209.
736491.

2m5

310497,
310415.
309919.
310324,
310082.
310218.
310188.
310102.
310340.
310082.
310182,

w4

117524,
117508.
117330.
117304
117498.
117362.
117369.
117503.
117366.
117436.
117387.

98.0225
98.0225
98.0219
98.0187
98.0097
97.9912
97.9596
97.9131
97.8506
97.7719
97.6774

3795.22
3795.20
3794.60
3792.45
3789.19
3787.27
3788.48
3791.91
3794.78
3793.67
37867.39

Baseline

QO WOoo 1 b —

—

In general, the approach consists of performing a
modal analysis of the undamaged structure, then repeat-
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where wgip,and wg;are, respectively, the undamaged and
damaged i bending frequencies of the structure. The

5 frequency wy;is obtained by performing a modal analy-

sis of the model with the stiffness of the jt location
reduced by a fraction of 0.01 (a;=—0.01). This proce-
dure is repeated for each of the ten locations. The re-
sults of the analytical modal analysis are shown in Table
16, from which the damage sensitivity matrix F, is ob-
tained and is listed in Table 17.

The mass-change sensitivity matrix, G, is obtained
similarly. However, the perturbations now arise from
fractional mass changes, 8. The local mass of the jt
location is increased by a fraction 8;and the elements,
gij, of the G matrix are computed using the expressions

gj= —(2gi— 02gio)/ (@ gioB))

A value of 8;=0.01 is used to evaluate gj;. The results
obtained from modifying the model in all ten locations
are shown in Table 18. The resulting G matrix is shown
in Table 19.

After all terms are defined, the location and magni-
tude of damage may be predicted. Note that when the F
matrix of Equation (5) is non-square, F~! may be ap-
proximated using the least-square generalized inverse

F-—l=FT(]:FT)—1

Note that the generalized inverse only gives the best
estimate of a in the least-square sense. Therefore, it is
possible to obtain values of a;>0 which indicate an
increase in stiffness. But if increases in stiffness are unre-
alistic in a particular application, then the stiffness
change at those locations may be set equal to zero and
the calculation repeated for the remaining a/'s. This
procedure is repeated until all a; are non-positive.

TABLE 17
TRANSPOSE OF DAMAGE SENSITIVITY MATRIX, FT
Mode

Location 1 2 3 4 5 6
1 0.000000 0.000527 0.003645 0.013614 0.026409 0.048907
2 0.000612 0.016336 0.071238 0.0165073  0.186153 (0.166985
3 0.003877 0.072987 0.193502 0.187196 0.055717 0.055888
4 0.013058 0.158884 0.183231 0.022123 0.133657 0.122899
5 0.031931 0.209474 0.043074 0.137844 0.089856  0.092242
6 0.064169 0.177592 0.033797 0.131888 0.099518  0.093056
7 0.111607 0.087215 0.151091 0.017869 0.127215  0.130359
8 0.175368 0.011594 0.131542 0.13441 0.050564 0.061449
9 0.255656 0.040841 0.017561 0.074878 0.133657 0.133479
10 0.352062 0.232661 0.175941 0.116572 0.101450 0.096583

ing the analysis for the structure with a perturbation of
stiffness or mass. The specimen was modeled using 40
finite beam elements and the appropriate lumped masses
as shown in model §42 of FIG. 20d. The inertial contri-
bution of the accelerometer is included by adding a
lumped mass of 0.055 Ib-mass at element number 17 of
model 642 at a location 16 inches from the tip of model
642.

To obtain the sensitivity matrix, F, a fractional
change of stiffness, aj, at the j# location is simulated by
reducing the bending stiffness of the appropriate beam
elements in the region. The damage influence coeffici-
ent, fj, for the i bending mode (i.e., the ij* term of the
sensitivity matrix) is obtained through use of the equa-
tion
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The details of the numerical computations used to
detect damage for a typical case (Case 4) are presented
below. Note that in Case 4, a damage of ajo=—0.10is
inflicted at Location 10. The elements of the Zs matrix
are computed using the first and second row of Table 4.
To correct for the lost mass due to the milling process,
the elements of the Z a5 matrix are computed by multi-
plying the G matrix with the appropriate 8 matrix. In
this case, 8;=0 when i5£10, and Bjo= —0.10. Using
these values, the sum of the fractional sensitivities yields
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ever, in all other cases, the relative magnitude of dam-
age predicted in the errant locations was small (an order
—0.03977 of magnitude less) compared to the true damage magni-
—0.03789 tude. A summary of the performance of the present
—0.01929 5 technique using four measures is listed in Table 21.
Zdamp + Zd + GB =] 1o When the inflicted damage was 0.02 (i.e., a two per-
—0.01094 cent reduction in bending stiffness in a location), the
001143 predicted damage ranged from a low of about 0.03 in
FIG. 22b to a high of 0.05 in FIG. 23b. Although these
10 predictions result in a large percentage error, they are
where Za;s=Gg. of the correct order of magnitude. When the inflicted
Employing the above values and the 6 X 10 F matrix ~ damage was 0.10, the predicted damage ranged from
(Table 17), location and severity of damage may be  0.09 in FIG. 22¢ to 0.11 in FIG. 23c. Finally, when the
determined by utilizing the least-square generalized actual damage was 0.30, the predicted damage ranged
inverse iteration procedure previously described. The 15 from approximately 0.25 in FIG. 224 to 0.35 in FIG.
results are shown in Table 20. From the results of the 23d. The method does provide the true order of magni-
first iteration, Locations 1 and 2 are undamaged; thus,  tude of the damage. The percentage error is greatest for
their respective o values are set equal to zero. This  the smallest damage and decrease substantially for dam-
constraint is equivalent to deleting columns 1 and 2 of age magnitudes in the order of 0.1.
the initial F matrix. In the second iteration, the resulting 29 TABLE 18
6 8 system yields the results given in the second col-
umn. Again, by inspection, Locations 3, 4, 6, and 9 are EIGENVALUE RESULTS
undamaged. The F matrix is now reduced to a 6X4 l;OIiéohldGSSIsN%Hg:?_élﬁ‘\é%E%{’rs
system. In the third iteration, Locations 7 and 8 are Eigenvalue (Hz2)
shown to be undamaged. The F matrix at this point is 25 Location Za; T 203 Zws 2 2g
furthe}' reduced to a 6X2 system. At thi§ point only 5 Saomas 39522 31305 117520 310497, 737103
Locations 5 and 10 are unknowns. By solving the 62 1 07.6914 378581 301326 117372, 310203. 736509.
system the non-positive results shown in the fourth 2 977813 379348 30175.8 117425. 310014, 736319,
column are obtained. Since all damage values are nega- 3 97.8564 3794.84 30145.8 117345. 310344, 736759.
tive, no more iterations can be performed. Note that the 390 * 97.0162 3792.15 30141.5 117500. 310174. 736326,
predominant damage is predicted at Location 10 with a '2 g;:zg?g g;gg:gg gé?;é:g }:;g;g gigfgg ;ggggg:
damage magnitude of —0.11. The actual damage in- 7 98.0098 3789.85 301225 117500. 310110. 736263.
flicted on the experimental specimen is given in the fifth 8 98.0186 379270 30117.8 117329. 310308. 736729.
column. 9 98.0218 3794.65 30157.2 117353. 309889. 735916
The results for all nine damage scenarios obtained as 35 10 980224 379519 30179.1 117508 310402 736782
above are summarized in FIGS. 21a-d, 220-d, and
TABLE 19
TRANSPOSE OF MASS SENSITIVITY MATRIX, GT
Mode
Location 1 2 3 4 5 6
1 0337780  0.247943 0.158712 0.129335  0.094687 0.092784
2 0.246066  0.045847 0.015573 0.084238  0.123351 0.118558
3 0.169451 0010013 0.114975 0.152309 0049276 0.058872
4 0.108444 0080891 0.129223 0.020421  0.104027 0.117608
5 0.052945  0.164944 0.026176 0.128484 0065701 0.094955
6 0031931  0.188922 0.047382 0.124230  0.103061 0.094005
7 0012956  0.141494 0.192177 0.020421  0.124639 0.126154
8 0.003979 0066399 0207750 0.165924  0.060870 0.062941
9 0000714 0015019 0.077202 0.145502  0.195815 0.173225
10 0000102 . 0000750 0.004639 0.013614  0.030596 0.055752
23a-d. In FIGS. 21a-d, the predicted and inflicted dam-
age are compared for the cases in which the damage
location 601 (FIG. 21a) is at the support location 10 of
specimen 42 and the inflicted damage magnitude varies
between —0.02 (FIG. 21b), —0.10 (FIG. 21c) and 55 TABLE 20
—0.30 (FIG. 21d). FIGS. 22g-d and 23a-d present the PREDICTION OF DAMAGE FOR CASE 4
same information for the damage at locations 605 (FIG. Treration Number Predicied 3 Actual
224) and 610 (FIG. 23a), respectively, corresponding to Location 1 2 3 4 a
the middle anc! near tip portions of tl}e beam. For the ; 00004 0.0000  —0.0000 0.0000 0.0000
range of experiments conducted, all nine damage cases 60 ; 00444 00000  0.0000 0.0000 0.0000
were correctly detected. It is expected, that as the mag- 3 —0.0001  0.0440  0.0000 0.0000 0.0000
nitude of the damage decreases, the probability of de- 4 —0.0098 00224  0.0000 0.0000 0.0000
tecting the damage would decrease. Although the in- 2 :g'ggg‘l‘ _8'8?32 3 8'% _g'gégé g'%
flicted damage was detected, the method also predicted 7 00125 —00389 00070 0.0000 0.0000
damage at locations at which no damage existed. In 65 8 —0.0168 —00358  0.0251 0.0000 0.0000
FIG. 224, predicted damage 608 at an errant location 9 —00175 00435  0.0000 0.0000 0.0000
10 —0.0808 —0.1133 —01272 —0.1111  —0.1000

was significant when compared to the true inflicted
damage 628 at the actual location 605 (FIG. 22a). How-
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TABLE 21

SUMMARY OF EFFECTIVENESS
OF PROPOSED TECHNIQUE

Measure Numerical
Number Description of Measure Value
1 Number of Correct Damage Locations 9

Predicted

Total Number of Damage Locations 9
2 Number of Undamaged Locations mn

Predicted

Total Number of Undamaged Locations 81
3 Number of Incorrect Damage Locations 10

Predicted

Total Number of Undamaged Locations 81
4 Number of Damage Locations Not 0

Predicted

Total Number of Damage Locations S

Although the present invention and its advantages
have been described in detail, it should be understood
that various changes, substitutions and alterations can
be made herein without departing from the spirit and
scope of the invention as defined by the appended
claims.

What is claimed is:

1. A method for detecting damage in a structure,
comprising the steps of:

applying a first excitation force to the structure;

measuring with a transducer a first signal set in re-

sponse to said first excitation force;

converting said first signal set to first data indicative

of pre-damage modal parameters of the structure,
said pre-damage modal parameters including at
least one measured mode shape;
applying a second excitation force to the structure;
measuring with said transducer a second signal set in
response to said second excitation force;

converting said second signal set to second data in-
dicative of post-damage modal parameters of the
structure, said post-damage modal parameters in-
cluding at least one measured mode shape; and

identifying at least one location of the damage based
upon said first and second data applied to an indica-
tor function.

2. The method of claim 1, wherein said indicator
function indicates a change in energy stored in each said
location.

3. The method of claim 1, wherein said indicator
function comprises a function of a pre-damage sensitiv-
ity matrix, Fo, and of a post-damage sensitivity matrix,
F*, wherein said pre-damage sensitivity matrix relates
changes in said pre-damage modal parameters to a frac-
tional change in stiffness of one or more elements of the
structure, and wherein said post-damage sensitivity
matrix relates changes in said post-damage modal pa-
rameters to each said fractional change.

4. The method of claim 3, wherein said indicator
function comprises a function of a difference between a
first element of said pre-damage sensitivity matrix and a
corresponding first element of said post-damage sensi-
tivity matrix, wherein said first and corresponding first
elements correspond to a particular mode shape and
location in the structure.

5. The method of claim 4, wherein said indicator
function comprises said difference raised to a power of
N, where N is a real number.

6. The method of claim 4, wherein said indicator
function comprises said difference multiplied by N,
where N is a real number.
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7. The method of claim 3, wherein said indicator
function comprises a function of a ratio between a first
element, Fj, of said pre-damage sensitivity matrix and a
corresponding first element, F*j, of said post-damage
sensitivity matrix, wherein said first and corresponding
first elements correspond to a particular mode shape i
and location k in the structure.

8. The method of claim 7 wherein said indicator func-
tion further comprises a function of a ratio between (a)
a pre-damage differential displacement (®,—®;c)x of
said location k with respect to said particular mode
shape i, where said location k is connected to a first
node A and to a second node C, and where &, and ®;c
are elements of a pre-damage modal quantities mode
shape vectors matrix @, for said particular mode shape
i and (b) a post-damage differential displacement
(P4" —®ic")k of said location k with respect to said
particular mode shape i, where ®,* and ®;c* are ele-
ments of a post-damage modal quantities mode shape
vectors matrix ®;" for said particular mode shape i.

9. The method of claim 8, wherein said indicator
further comprises a function of a ratio between a pre-
damage modal stiffness, K;, for said particular mode
shape i and a post-damage modal stiffness, K*;, for said
particular mode shape i.

10. The function of claim 9 wherein said indicator
function is a function of

Far (P — i Ki
Fir (@t~ Gt KT

11. The method of claim 8 wherein said indicator
function is a function of

Iy

(dig® — dic*)k

2[(dig* — dic* Ik — (g — dick]
(Pis — dichk -

(b4 — ik

12. The method of claim 3 wherein said indicator
function is a function of an angle between a first mathe-
matical surface and a second mathematical surface,
wherein said first and second surfaces correspond re-
spectively to said pre-damage and said post-damage
sensitivity matrices, and wherein said angle is deter-
mined at a first point on said first surface corresponding
to a particular mode shape and location in the structure
and at a corresponding first point on said second surface
corresponding to said particular mode shape and said
location.

13. The method of claim 12, wherein said angle is a
function of gradient responses of said first and second
surfaces at said first and corresponding first points,
respectively.

14. The method of claim 1, wherein said indicator
function is a function of a difference between (a) a first
ratio between a first fractional change in modal parame-
ters corresponding to a first mode shape and a second
fractional change in modal parameters corresponding to
a second mode shape, and (b) a second ratio between a
first element of a pre-damage sensitivity matrix corre-
sponding to said first mode shape and a second element
of said pre-damage sensitivity matrix corresponding to

[ AFj
Fix —

(bia* = dick — (b — bl
(bia — dick
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said second mode shape, wherein said pre-damage sensi-
tivity matrix relates changes in said pre-damage modal
.parameters to a fractional change in stiffness of one or
more elements of the structure.

15. The method of claim 1, wherein said indicator
function is a function of a difference between (a) a first
ratio between a first fractional change in modal parame-
ters corresponding to a first mode shape and a second
fractional change in modal parameters corresponding to
a second mode shape, and (b) a second ratio between a
first element of a post-damage sensitivity matrix corre-
sponding to said first mode shape and a second element
of said post-damage sensitivity matrix corresponding to
said second mode shape, wherein said post-damage
sensitivity matrix relates changes in said post-damage
modal parameters to a fractional change in stiffness of
one or more elements of the structure.

16. The method of claim 18, wherein said first and
second fractional changes in modal parameters com-
prise fractional changes in damped eigenvalue frequen-
cies.

17. The method of claim 1, wherein said first data
comprise data indicative of theoretical modal parame-
ters of the structure.

18. The method of claim 17, and further comprising
the step of adapting said theoretical modal parameters
to correspond with said second data.

19. The method of claim 1, and further comprising
the step of determining a magnitude of the damage at
each said location based upon each said identified loca-
tion and upon said first and second data.

20. The method of claim 1, wherein said second data
determining step comprises the step of measuring a
post-damage vibration frequency response of the struc-
ture.

21. The method of claim 1, wherein said pre-damage
and post-damage modal parameters respectively com-
prise at least one pre-damage resonant frequency and at
least one post-damage resonant frequency.

22. The method of claim 1, wherein said pre-damage
and post-damage mode shapes each comprise at least
one maximum deflection of at least one location of the
structure.

23. The method of claim 22, wherein said pre-damage
and post-damage modal parameters respectively com-
prise at least one pre-damage damping value and at least
one post-damage damping value.

24. The method of claim 1, wherein said indicator
function is a function of a pre-damage sensitivity and of
a post-damage sensitivity.

25. The method of claim 24, wherein said indicator
function is a function of a difference between said pre-
damage sensitivity and said post-damage sensitivity.

26. The method of claim 24, wherein said indicator
function is a function of a gradient response of said
pre-damage sensitivity and of said post-damage sensitiv-
ity.

27. The method of claim 1 wherein said identifying
step comprises the step of determining one or more Z
matrices of fractional changes in modal parameters for
one or more vibrational modes, based upon said first
and second data.

28. The method of claim 27 wherein one of said Z
matrices comprises a matrix of fractional changes in
damped eigenvalue frequencies Zg.

29. The method of claim 27 wherein one of said Z
matrices comprises a matrix of fractional changes in
modal masses Z,.
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30. The method of claim 27 wherein one of said Z
matrices comprises a matrix of fractional changes in
modal damping ratios Zgamp.

31. The method of claim 27 wherein one of said Z
matrices comprises a matrix of fractional changes in the
norm of mode shapes Zmodes.

32. The method of claim 27 and further comprising
the steps of:

generating a stiffness matrix of the structure based on

one or more material and geometric properties of
the structure;

using said stiffness matrix and said first data, comput-

ing a pre-damage sensitivity matrix F, which re-
lates said Z matrices to a fractional change in stiff-
ness of one or more elements of the structure; and
using said stiffness matrix and said second data, com-
puting a sensitivity change matrix AF which ac-
counts for changes in said pre-damage sensitivity
matrix F, resulting from damage to the structure.

33. The method of claim 32 wherein said indicator
function relates an assumed location of damage and an
assumed severity of damage to a damage detection
equation.

34. The method of claim 33 wherein said indicator
function is given by

b
a(k) = Tk =

wherein a represents said assumed location, b represents
said assumed severity, a represents a matrix of frac-
tional changes in stiffness of one or more elements in the
structure, k represents one of said elements, n is a real
number, and wherein said damage detection equation is
given by

3Z matrices=(Fo+ AF)a(k).

35. A method for detecting damage in a structure,
comprising the steps of:

applying a first excitation force to the structure;

measuring with a transducer a pre-damage vibration
frequency response of the structure in response to
said first excitation force;

converting said pre-damage frequency response to
first data indicative of pre-damage modal parame-
ters of the structure, said pre-damage modal param-
eters including at least one measured mode shape;

applying a second excitation force to the structure;

measuring with said transducer a post-damage vibra-
tion frequency response of the structure in response
to said second excitation force;

converting said post-damage frequency response to
second data indicative of post-damage modal pa-
rameters of the structure, said post-damage modal
parameters including at least one measured mode
shape; and

identifying at least one location of the damage based
upon said first and second data.

36. A method for detecting damage in a structure,

comprising the steps of:

applying a first excitation force to the structure;

measuring with a transducer a first signal set in re-
sponse to said first excitation force;

converting said first signal set to first data indicative
of pre-damage modal parameters of the structure,
said pre-damage modal parameters including at
least one measure mode shape;
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applying a second excitation force to the structure;

measuring with said transducer a second signal set in
response to said second excitation force from the
structure;

converting said second signal set to second data in- 5
dicative of post-damage modal parameters of the
structure, said post-damage modal parameters in-
cluding at least one measured mode shape;

identifying at least one location of the damage based
upon said first and second data; and

determining a magnitude of the damage at each said
location based upon each said identified location
and upon said first and second data.

37. The method of claim 36, wherein said location

identifying step comprises the step of applying said first

10

and second data to an indicator function.

38. A method for detecting damage in a structure,

comprising the steps of:

applying a first excitation force to the structure;

acquiring with a transducer a pre-damage vibration
frequency response for the structure in response to
said first excitation force; )

converting said pre-damage frequency response to
first data indicative of said pre-damage vibration
frequency response of the structure;

applying a second excitation force to the structure;

acquiring with said transducer a post-damage vibra-
tion frequency response for the structure as dam-
aged in response to said second excitation force;

converting said pre-damage frequency response to
second data indicative of said post-damage vibra-
tion frequency response;

generating a stiffness matrix fo the structure based on
one or more material and geometric properties of 35
the structure;

from the pre-damage dand post-damage frequency
response data, extracting a plurality of N X 1 matri-
ces of modal parameters for one or more vibra-
tional modes, the parameters including fractional
changes in damped eigenvalue frequencies Zg,
fractional changes in modal masses Z,,, fractional
changes in modal damping ratios Zgamp, and frac-
tional changes in the norm of mode shapes Zodes,
N being selected as a number of said vibrational
modes;

using the stiffness matrix and the pre-damage fre-
quency response data, computing an NXB pre-
damage sensitivity matrix Fo which relates changes
in said modal parameters to a fractional change in
stiffness of one or more elements of the structure, B
being selected as a number of said elements;

using the stiffness matrix and the post-damage fre-
quency response data computing an N X B sensitiv-
ity change matrix AF, which accounts for changes
in the sensitivity matrix Fg resulting from damage
to the structure; and

using a damage detection equation:
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solving for a, a BX 1 matrix containing the frac-
tional change in stiffness of each said element.

39. The method of claim 38 wherein the number of

65

the method further comprising the steps of:

identifying at least one location of the damage using
an indicator function;

42

eliminating elements of the damage detection equa-
tion based upon each said location to form a re-
duced set damage detection equation; and

solving for an element of a corresponding to each

said location using the reduced set damage detec-
tion equation.

40. The method of claim 38, wherein said element of
a is solved for by dividing an element of said quantity
Fo+ AF into an element of at least one said matrix of
modal parameters, wherein said element of said matrix
Fo+ AF corresponds to a particular mode and to a par-
ticular location, wherein said element of each said ma-
trix of modal parameters corresponds to said particular
mode, and wherein said element of a corresponds said
particular location.

41. The method of claim 38, wherein the number of
elements B exceeds the number of vibrational modes N,
the method further comprising the steps of:

inverting the matrix Fo+AF using one or more

pseudo inverse techniques; and

solving for a using the damage detection equation.

42. The method of claim 38, wherein the number of
vibrational modes N exceeds the number of elements B,
the method further comprising the steps of:

inverting the matrix Fo+ AF using one or more exact

inverses; and

solving for a using the damage detection equation.

43. The method of claim 38, wherein the number of
vibrational modes N exceeds the number of elements B,
the method further comprising the steps of:

inverting the matrix Fo+ AF using at least one over-

determined least squares approach; and

solving for a using the damage detection equation.

44. The method of claim 43, wherein said least
squares approach is performed according to the expres-
sion:

Fl=FTFFNH-1

45. The method of claim 38, wherein at least one
element of the matrix Fo+AF is eliminated if, after
inverting the matrix Fo+ AF, a corresponding element
of a has a value outside a predetermined range.

46. The method of claim 45, and further comprising
the step of inverting the matrix Fo+ AF after eliminat-
ing each said element of the quantity matrix Fo+ AF.

47. The method of claim 38, wherein each of the B
elements is modelled as a spring with element stiffness
matrix given by

Ki="3'§‘1_ P -1
L J.L-1 1

wherein i is an element number, E is Young’s modulus
of elasticity, I is a second moment of area, and L is a
length of element number i.

48. Apparatus for detecting damage in a structure,

comprising:

an exciter operable to provide an excitation force to
the structure;

a transducer operable to measure a first signal set
indicative of pre-damage modal parameters of the
structure in response to a first excitation force, said
transducer further operable to determine a second
signal set indicative of post-damage modal parame-
ters of the structure in response to a second excita-
tion force;
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a converter operable to convert said first signal set to
first data indicative of pre-damage modal parame-
ters of the structure, said pre-damage modal param-
eters including at least one measured mode shape,
said converter further operable to convert said
second signal set to second data indicative of post-
damage modal parameters of the structure, said
post-damage modal parameters including at least
one measured mode shape; and

means coupled to said converter operable to identify

at least one location of the damage based upon said
first and second data applied to an indicator func-
tion.

49. The apparatus of claim 28, wherein said indicator
function indicates a change in energy stored in each said
location.

50. The apparatus of claim 48, wherein said indicator
function comprises a function of a pre-damage sensitiv-
ity matrix, Fo, and of a post-damage sensitivity matrix,
F*, wherein said pre-damage sensitivity matrix relates
changes in said pre-damage modal parameters to a frac-
tional change in stiffness of one or more elements of the
structure, and wherein said post-damage sensitivity
matrix relates changes in said post-damage modal pa-
rameters to each said fractional change.

51. The apparatus of claim 50, wherein said indicator
function comprises a function of a difference between a
first element of said pre-damage sensitivity matrix and a
corresponding first element of said post-damage sensi-
tivity matrix, wherein said first and corresponding first
elements correspond to a particular mode shape and
location in the structure.

52. The apparatus of claim 51, wherein said indicator
function comprises said difference raised to a power of
N, where N is a real number.

53. The apparatus of claim 51, wherein said indicator
function comprises said difference multiplied by N,
where N is a real number.

54. The apparatus of claim 50, wherein said indicator
function comprises a function of a ratio between a first
element, Fj, of said pre-damage sensitivity matrix and a
corresponding first element, F*, of said post-damage
sensitivity matrix, wherein said first and corresponding
first elements correspond to a particular mode shape i
and location k in the structure.

§5. The apparatus of claim 54, wherein said indicator
function further comprises a function of a ratio between
(a) a pre-damage differential displacement (®,—®:c)x
of said location k with respect to said particular mode
shape i, where said location k is connected to a first
node A and to a second node C, and where ¢, and ;¢
are elements of a pre-damage modal quantities mode
shape vectors matrix ®; for said particular mode shape i
and (b) a post-damage differential displacement (¢, —-
@,k of said location k with respect to said particular
mode shape i, where ®,* and ®;c* are elements of a
post-damage modal quantities mode shape vectors ma-
trix ®," for said particular mode shape i.

56. The apparatus of claim 55, wherein said indicator
further comprises a function of a ratio between a pre-
damage modal stiffness, K;, for said particular mode
shape i and a post-damage modal stiffness, K*; for said
particular mode shape i.

57. The apparatus of claim 56, wherein said indicator
function is a function of
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58. The apparatus of claim 55 wherein said indicator
function is a function of

Iy =
@us® — dic*h [ AFik  2Ais* — dick — (bia = diOK
(dus — dick Fi — (b4 — dickk

(bius* — dic*Hk — (bia — i)
(bis — diok

]

59. The apparatus of claim 50 wherein said indicator
function is a function of an angle between a first mathe-
matical surface and a second mathematical surface,
wherein said first and second surfaces correspond re-
spectively to said pre-damage and said post-damage
sensitivity matrices, and wherein said angle is deter-
mined at a first point on said first surface corresponding
to a particular mode shape and location in the structure
and at a corresponding first point on said second surface
corresponding to said particular mode shape and said
location.

60. The apparatus of claim 59, wherein said angle is a
function of gradient responses of said first and second
surfaces at said first and corresponding first points,
respectively.

61. The apparatus of claim 48, wherein said indicator
function is a function of a difference between (a) a first
ratio between a first fractional change in modal parame-
ters corresponding to a first mode shape and a second
fractional change in modal parameters corresponding to
a second mode shape, and (b) a second ratio between a
first element of a pre-damage sensitivity matrix corre-
sponding to said first mode shape and a second element
of said pre-damage sensitivity matrix corresponding to
said second mode shape, wherein said pre-damage sensi-
tivity matrix relates changes in said pre-damage modal
parameters to a fractional change in stiffness of one or
more elements of the structure.

62. The apparatus of claim 48, wherein said indicator
function is a function of a difference between (a) a first
ratio between a first fractional change in modal parame-
ters corresponding to a first mode shape and a second
fractional change in modal parameters corresponding to
a second mode shape, and (b) a second ratio between a
first element of a post-damage sensitivity matrix corre-
sponding to said first mode shape and a second element
of said post-damage sensitivity matrix corresponding to
said second mode shape, wherein said post-damage
sensitivity matrix relates changes in said post-damage
modal parameters to a fractional change in stiffness of
one or more elements of the structure.

63. The apparatus of claim 62, wherein said first and
second fractional changes in modal parameters com-
prise fractional changes in damped eigenvalue frequen-
cies.

64. The apparatus of claim 48, wherein said identify-
ing means comprises means for determining one or
more Z matrices of fractional changes in modal parame-
ters for one or more vibrational modes, based upon said
first and second data.
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65. The apparatus of claim 64, wherein one of said Z
matrices comprises a matrix of fractional changes in
damped eigenvalue frequencies Zg.

66. The apparatus of claim 64, wherein one of said Z
matrices comprises a matrix of fractional changes in
modal masses Z,.

67. The apparatus fo claim 64, wherein one of said Z
matrices comprises a matrix of fractional changes in
modal damping ratios Zggmp.

68. The apparatus of claim 64, wherein one of said Z
matrices comprises a matrix of fractional changes in the
form of mode shapes Zodes-

69. The apparatus of claim 64, and further compris-
ing:

means for generating a stiffness matrix of the struc-

ture based on one or more material and geometric
properties of the structure;

means coupled to said stiffness matrix generating

means and to said first data determining means for
using said stiffness matrix and said first data to
compute a pre-damage sensitivity matrix F, which
relates said Z matrices to a fractional change in
stiffness of one or more elements of the structure;
and

means coupled to said stiffness matrix generating

means and to said second data determining means
for using said stiffness matrix and said second data
to compute a sensitivity change matrix AF which
accounts for changes in said pre-damage sensitivity
matrix F, resulting from damage to the structure.

70. The apparatus of claim 69, wherein said indicator
function relates an assumed location of damage and an
assumed severity of damage to a damage detection
equation.

71. The apparatus of claim 70, wherein said indicator

function is given by
b
k) = ———— |
o(k) 1+ n(k — a)?

wherein a represents said assumed location, b represents
said assumed severity, a represents a matrix of frac-
tional changes in stiffness of one or more elements in the
structure, k represents one of said elements, n is a real
number, and wherein said damage detection equation is
given by

3Z matrices=(Fo+ AF)a(k).

72. The apparatus of claim 48, wherein said first data
comprise data indicative of theoretical modal parame-
ters of the structure.

73. The apparatus of claim 72, and further comprising
means for adapting said theoretical modal parameters to
correspond with said second data.

74. The apparatus of claim 48, and further comprising
means coupled to said identifying means for determin-
ing a magnitude of the damage at each said location
based upon each said identified location and upon said
first and second data. .

75. The apparatus of claim 48, wherein said trans-
ducer is operable to measure a post-damage vibration
frequency response of the structure.

76. The apparatus of claim 48, wherein said pre-dam-
age and post-damage modal parameters respectively
comprise at least one pre-damage resonant frequency
and at least one post-damage resonant frequency.

77. The apparatus of claim 34, wherein said pre-dam-
age and post-damage mode shapes each comprise at
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least one maximum deflection of at least one location of
the structure.

78. The apparatus of claim 77, wherein said pre-dam-
age and post-damage modal parameters respectively
comprise at least one pre-damage damping value and at
least one post-damage damping value.

79. The apparatus fo claim 48, wherein said indicator
function is a function of a pre-damage sensitivity and of
a post-damage sensitivity.

80. The apparatus of claim 79, wherein said indicator
function is a function of a difference between said pre-
damage sensitivity and said post-damage sensitivity.

81. The apparatus of claim 79, wherein said indicator
function is a function of a gradient response of said
pre-damage sensitivity and of said post-damage sensitiv-
ity.

82. Apparatus for detecting damage in a structure,
comprising:

an exciter operable to provide an excitation force to
the structure; ’

a transducer coupled to the structure operable to
measure a pre-damage vibration frequency re-
sponse of the structure in response to a first excita-
tion force, said transducer further operable to mea-
sure a post-damage vibration frequency response of
the structure in response to a second excitation
force;

a converter operable to convert said pre-damage
vibration frequency response to a first data indica-
tive of pre-damage modal parameters of the struc-
ture, said pre-damage modal parameters including
at least one measured mode shape, said converter
further operable to convert said post-damage vi-
bration frequency response to second data indica-
tive of post-damage modal parameters of the struc-
ture, said post-damage modal parameters including
at least one measured mode shape; and

means coupled to said converter for identifying at
least one location of the damage based upon said
first and second data.

83. Apparatus for detecting damage in a structure,

comprising:

an exciter operable to provide an excitation force to
the structure;

a transducer operable to measure a first signal set in
response to a first excitation force, said transducer
further operable to measure a second signal set in
response to a second excitation force;

a converter operable to convert said first signal set to
first data indicative of pre-damage modal parame-
ters of the structure, said pre-damage modal param-
eters including at least one measured mode shape,
said converter further operable to convert said
second signal; set to second data indicative of post-
damage modal! parameters of the structure, said
post-damage modal parameters including at least
one measured mode shape;

means coupled to said converter for identifying at
least one location of the damage based upon said
first and second data; and

means coupled to said location identifying means for
determining a magnitude of the damage at each
said location based upon each said identified loca-
tion and upon said first and second data.

84. The apparatus of claim 83, wherein said location

identifying means comprises means for applying said
first and second data to an indicator function.
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85. Apparatus for detecting damage in a structure,

comprising:

an exciter operable to provide an excitation force to
the structure;

a transducer coupled to the structure operable to
acquire a pre-damage vibration frequency response
for the structure;

in response to a first excitation force, said transducer
further operable to determine a post-damage vibra-
tion frequency response for the structure as dam-
aged; ‘

a converter operable to convert said pre-damage
vibration frequency response to first data indica-
tive of pre-damage modal parameters of the struc-
ture, said converter further operable to convert
said post-damage vibration frequency response to
second data indicative of post-damage modal pa-
rameters of the structure;

means for generating a stiffness matrix of the struc-
ture based on one or more material and geometric
properties of the structure;

means coupled to said converter for extracting from
the pre-damage and post-damage frequency re-
sponse data a plurality of N X 1 matrices of modal
parameters for one or more vibrational modes, the
parameters including fractional changes in damped
eigenvalue frequencies Zy, fractional changes in
modal masses Z,,, fractional changes in modal
damping ratios Zgamp, and fractional changes in the
norm of mode shapes Z,,des, N being selected as a
number of said vibrational modes;

means coupled to said stiffness matrix generating
means and to said converter for computing an
NXxB pre-damage sensitivity matrix Fp using the
stiffness matrix and the pre-damage frequency re-
sponse data, wherein said sensitivity matrix relates
changes in said modal parameters to a fractional
change in stiffness of one or more elements of the
structure, B being selected as a number of said
elements;

means coupled to said stiffness matrix generating
means and to said converter for computing an
N X B sensitivity change matrix AF using the stiff-
ness matrix and the post-damage frequency re-
sponse data, wherein said sensitivity change matrix
accounts for changes in the sensitivity matrix Fo
resulting from damage to the structure; and

means coupled to said extracting means, to said sensi-
tivity matrix computing means and to said sensitiv-
ity change matrix computing means for using a
damage detection equation:

Zd+ Zm=+ Zdamp~+ Zmodes=(Fo+ AF)a

to solve for a, a B X1 matrix containing the frac-
tional change in stiffness of each said element.

86. The apparatus fo claim 85, wherein the number of
elements B exceeds the number of vibrational modes N,
the apparatus further comprising:

means coupled to said converter for identifying at

least one location of the damage using an indicator
function;

means coupled to said identifying means and to said

damage detection equation means for eliminating
elements of the damage detection equation based
upon each said location to form a reduced set dam-
age detection equation, wherein said damage detec-
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tion equation means comprises means for solving
for an element of a corresponding to each said
location using the reduced set damage detection
equation.

87. The apparatus of claim 85, wherein said damage
detection equation means comprises means for solving
for said element of a by dividing an element of said
quantity Fo+AF into an element of at least one said
matrix of modal parameters, wherein said element of
said matrix Fo+ AF corresponds to a particular mode
and to a particular location, wherein said element of
each said matrix of modal parameters corresponds to
said particular mode, and wherein said element of a
corresponds said particular location.

88. The apparatus of claim 85, wherein the number of
elements B exceeds the number of vibrational modes N,
said damage detection equation means further compris-
ing:

means for inverting the matrix Fo+AF using one or

more pseudo inverse techniques; and

means coupled to said inverting means for solving for

a using the damage detection equation.

89. The apparatus of claim 85, wherein the number of
vibrational modes N exceeds the number of elements B,
said damage detection equation means further compris-
ing:

means for inverting the matrix Fo+ AF using one or

more exact inverses; and

means coupled to said inverting means for solving for

o using the damage detection equation.

90. The apparatus of claim 85, wherein the number of
vibrational modes N exceeds the number of elements B,
said damage detection equation means further compris-
ing:

means for inverting the matrix Fo+ AF using at least

one over-determined least squares approach; and
means coupled to said inverting means for solving for
a using the damage detection equation.

91. The apparatus of claim 90, wherein said inverting
means comprises means for performing said least
squares approach according to the expression:

F-1=FI(FFTy-1,

92, The apparatus of claim 85, wherein said damage
detection equation means comprises means for eliminat-
ing at least one element of the matrix Fo+ AF if, after
inverting the matrix Fo+ AF, a corresponding element
of a has a value outside a predetermined range.

93. The apparatus of claim 92, wherein said damage
detection equation means comprises means coupled to
said eliminating means for inverting the matrix Fo+ AF
after each said element of the quantity matrix Fo+ AF is
eliminated.

94. The apparatus of claim 85 and further comprising
means for modelling each of the B elements as a spring
with element stiffness matrix given by

—1

K’z(%)i[—: 1]

wherein i is an element number, E is Young’s modulus
of elasticity, I is a second moment of area, and L is a

length of element number i.
* * * * *



